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Abstract

In recent years there have been significant advances in the acquisition and
processing of crosshole seismic reflection data, and the method has been shown
to be a high resolution imaging technique. However, the fidelity of the final
images produced by this technique needs to be considered carefully to avoid
incorrect interpretation. This thesis concerns the imaging capability of crosshole
surveys, as well as advances made in processing techniques for application to

crosshole seismic reflection surveys.

In a migrated seismic section, a meaningful image is only obtained if a range of
dips around the local structural dip is sampled at each image point. For
crosshole seismic reflection surveys, the distribution of dips sampled at an
image point is controlled principally by the survey geometry, including source
and receiver array lengths and their element spacings. By considering the dips
sampled, the imaging capability of crosshole reflection surveying is discussed,

with suggestions as to how to ensure optimal imaging of the target zone.

To overcome problems encountered in applying standard processing procedures,
two new processing techniques are presented which enhance the imaging
potential of crosshole reflection seismics. Generalised Berryhill migration has
been developed as a full generalised Kirchhoff migration to include the near-field
term, with the aim of improving image accuracy close to the source and receiver
arrays. 3-D f-k-k filtering is an improved method of wavefield separation for

crosshole seismic data.

Finally, the results of processing three types of dataset are presented. One is
from a site in the Groningen gas field, another was acquired through a model
interrogated at ultrasonic frequencies in a water tank, and the third type was
acquired using coal exploration boreholes in Yorkshire. The results demonstrate
the imaging capability of the crosshole reflection method, and the success of the

two new processing schemes.



Acknowledgements

I would like to thank my supervisor, Dr. Neil Goulty for his enthusiasm,
encouragement and support, and many fruitful discussions during the last three

years. I trust he finds this a useful addition to his shelf.

Thanks also to all those in the department who have helped make this work
possible, in particular Ed Kragh, Miles Leggett and Salim Al-Rawahy for all
their help with computing and ideas, and Mike Findlay whose programs made
life much simpler. Thanks go also to Seres a/s of Trondheim for the Groningen

dataset, and to the British Coal Opencast Executive for providing boreholes.

I thank Shell UK for funding this postgraduate study, and especially Dr. Mike
Bacon for his interest. 1 thank Dr. Phil Christie and Dr. Roger Long for their

constructive comments during the examination of this thesis.

I would like to thank all my parents for their support, and especially my father,
Rex Rowbotham who first told me I would do a PhD over 10 years ago.

Thanks to all who have made my stay in Durham fun; Trish, Miles, Danny,
Salim, Ed, Dave, Chris, Neville, Richard, Paul, Jane, and the rest in the
department, all in Gradsoc Boat Club and all up at Trevs. I am indebted to
Joyce and George for their wonderful hospitality and kindness in providing such

a warm home to escape to after a late night on the computers.
Final thanks go to Helen for invaluable support, and for keeping me sane over

the phone. Without her patience, understanding and companionship, this work

would have been much less enjoyable, and much more of a task.

A little inaccuracy sometimes saves tons of explanation.

Saki, The Square Egg

i



Contents

ADSITACE  eeveeeeeueeeeeeeeevrerssasanssaeseeesseeerrarassararastasraasrrensssssesssberasrasrsatbtasaaseas
ACKNOWIEAZEMENES ....eiiiiiireeiieeie ettt
COMEEILS  eevueeeereeeeenusseesneessseasesnsnssersssssetinresssrsntsserennassretsnseeetnnemnssssocetsesases
Table Of FIGUIES.ccuutiiiiiirieeieiie et
ChapLET T oeveeiieiiiieie et
INtTOAUCTION evvvrvieiereeeeeiiiirniiiiesseseeeeeceeeanenenees P PP
1.1 SYNOPSIS +vvveniiiniirierretes ettt

1.2 Borehole seismic MEthOds.....ccuuuiiiiiiiiiiimiiiiiieee e
1.2.1 Check-shot and VSP....ccccuumiiiimmmiimimriiiiniiieen

1.2.2 Crosshole tomography and continuity logging.........cccoevveevrnne

1.2.3 Crosshole reflection imaging .......ccoeeeemmrrmeeeererereiiiiiimeen..

1.2.4 Crosshole reflection processing ......ceeeeeeeeemiemssmmniiiiinenieeieeeeee.

1.3 Developments in crosshole acquUiSition .........ocviiiriininnenciiinnnnn
1.3.1 BOTEhOle SOUICES cevuureiemnriirniiirrerrrirereerenesttittnerirnsessecseens

1.3.2 BOrehole TECEIVETS .uvuuuerreerimmiuiiiiseiieererinniaeeecteetniiiianenns
ChapLeT T1 .ouveeeiiiiiiri ittt
ACGUISILION .. cveeatene ettt
2.1 GIOMINEEN oo evteeiiiiiriieie et e st sttt
2.1.1 The Stanford crosshole seismic acquisition SyStem ...................

2.1.2 The Scheemderzwaag eXperiment.......eeeeeemeeruimsnininiinnnineeneneees

2.2 Physical Model.......ooiimiieiiiiiiiiii
221 The MOAE..iiiiieeiiieeieee ettt e

2.2.2 The source and FECEIVET ...c..uuiiiiiriiinrrriieir et

.23 THE AALA...eeeeneeiiiieeeeeieeeeeneeeeeeiuai e s e rnrse e st e e reara e s s naarn s

2. 3COA]I MEASUTES «.neeevverieeeeereinnueeeretrmuisraraaseeeeeessesstsnnnstssaeasissenaeess
Chapter TIT ..cooiiiiiii e
BasiC PrOCESSING ..vvevreeiiiiirieenseeeiress ettt s
RIB I (110016 13 o168 10} 1 PUUUURURN U PSR UURUUTIRUNSPPPSPPRTSTS PP PPPPPPRPP IR
3.2 Waveshaping DeconvolUutiON.....c.coviiiiiniiiiicee
3.2.]1 Wavelet estimate by assumption of minimum phase wavelet......

3.2.2 Wavelet estimate by aligning direct arrivals..........coccovivneene

3.2.3 Amplitude spectrum of zero-phase output wavelet = input

WAV B oo eiiteeeeeeeeeeeeeemueeesaraeesaan e seresassnsrnraaasatssasestbna e aasasnnaaaaes

il

14
16



3.2.4 Common ray angle gather ... 18

3.3 Direct Arrival SUPPIeSSION.....ccoiiurriiierirrireeeeenn it 19
3.3.1 MULING coeoeieiiiiii it 19

3.3.2 First break eStIMation .....ccccoviiruuiiiermmmimmiirnereeeeteeniisie 20

3.3.3 Median filtering ....ccccovvviviiiiiiinee e 20

3.3.4 Common ray angle gather ..........ccooeiiviiiiin 20

3.4 Wavefield Separation in the f-k domain ........cccoeieinniiiiinnn. 22
3.4.1 Differences between VSP and crosshole ........cccooeviiiiiiiinnniin 22

3.4.2 Data preparation for f-k filltering......c.oococemniiiiniiiinnnn 24

3.4.3 Filter design ceeeeevviiiimiiiriiiiiriiie et 25

3.5 MIGIALION. c.eeeeneeiiieeiiiie ettt e ettt b et e 26
3.5.1 Why Kirchhoff? .....oooiiiiiiiiiie 27

3.5.2 Development of Kirchhoff migration........c...cooeeiiriiiiiniinins 27

3.5.3 Generalised Kirchhoff migration...........; .................................. 31

3.5.4 Implementation of MIGration ..........cccvvuiiiimimmniiinniinnieen 32

3.5.5 Estimation of the velocity model ........ccoooiiiiiiiiiiniiii.. 33

3.6 Factors influencing the order of the processing scheme .............ccc...... 33
3.6.1 Source or receiver direCtivity co..coeeeuuniirriiieineririiinneeccnnanieieinnn 33

3.6.2 Source and receiver depths .......uvivivimriiiiiiiiinni. 33

3.6.3 Area to be IMAged .....ccccevemiiiiiiiiiii 33

3.6.4 Direct arrival suppression before or after deconvolution........... 34
ChapLer TV ..couiiiiiiiieeie et 35
Imaging Capability of Crosshole Seismic Reflection Surveying...........coooeeev. 35
4.1 INEFOAUCTION ..uunieiiieeeetiieeeiie e eerie e et e s s r e s s araae e s sttt s e e aaaaeses 35
4.2 Dip sampling at iMage POINTS ...ccc.evvtiiuiiiiiiniriiiiitn e 38
4.3 Effect of source and reCeiver SPaCING .....c..eueeereereeeririmmmininiiinrnneennn 42
CRAPLET V.eiiiiiiiiiieei ittt 45
AdVanced ProCESSING ...cccoovviuriiiiiiiriieiiiiee e 45
5.1 Generalised Berryhill Migration .........cooociiiieiiniiins 45
5.2 3-D f-k-k wavefield SEeparation ........cccoeeiiiiiiiiiinniiiniiiens 48
5.2.1 WRhy iS it NECESSATY?..uiiiiiiiriiieiiieeiire et 48

5.2.2 The MEthOd ...uuniiiiiriieeeieecerii ettt e 49

5.2.3 Viewing the wavefields in 3-D....c..cccoininin 49

5.2.4 Flter deSIZN couvveeiriinriiiiiiiecniree ettt 51
Chapter VI ...coiiiiiiiiie i 54
(€] 431V 12 -0 1 RO ORI UP PP PP VS S 54
6.1 INITOAUCHION ot ieeeeeeeeeieieereie e e e s e s s e s s s s e se e s st 54

iv



6.2 DAta EXAMPIES.....evvriiiiiiiiiiiiriieieeiten e 55

6.2.1 Arrivals in the smaller gathers ........cooeeeiiiiiii 56
6.2.2 Arrivals in the gather used for imaging .......cccccceevniiiinniinininns 58
6.3 Processing and ReSULLS .....oeiiiiiiiiiiniinic 64
Chapter VII ....ccoooeiieeennn. B T T N R 66
Physical Model Data .......ccoveeeiiiiiiiiiiiiieni it 66
7.1 Previous Work using these Datasets....ccoooevviniiieeni 66
7.2 Arrivals in the Wavefleld ... 67
7.2.1 P-Wave DIFeCl...civvuueeiereiiiiiiiiiiinn ettt 67
7.2.2 S-WaVe DIrEC...cevirviirieeriirriiriiiiiiiieenesreessesesae s 68
7.2.3 P-wave Reflected.....cocoiiiiiiiiiiniiii 68
7.2.4 P-S cONVEItEd WAVE ....ceeriiiiiiiiiiiiiiiriieeen ettt 68
7.2.5 P HeEad WAVE ...veiireeeieeeneeiiiiiiiie e errinss e ee ettt s e aa e 69
7.3 Processing - Removal of the direct wavefield..........cccooviiininien 69
7.3.1 Shaping and MULING .....cccirerierriiiimeriii e 70
7.3.2 Shaping to maximum phase, muting and inverse maximum
PRASINE. «eeeniieiiiiiiiiie ettt 75
7.3.3 Common Ray Angle Gather.......ccccceiiiiiiiin 78
7.3.4 Deconvolution only (Direct removed by Wavefield
SEPATALION) .euurieuriiirrieiieetie ettt 82
7.4 Processing - Wavefield Separation.........ccooouveiiiniiiiiiiininniennenee 83
7.4.1 2-D fok fIETING ceeviiiniiiinieiire e 83
7.4.2 2-D f-k filtering in CSGs and CRGs for imaging different
Lo L= ST U USSP O PO PP SPPPPPPPPPPPPPPPPRRS 86
7.4.3 3-D f-k-k fIETING..ccoviiiiieiiiiiiie i 86
7.4.4 3-D f-k-k filtering with muting for the post-flood wavefield ...... 89
7.5 Processing - MIZration .......cocuieriieiimneenrinniiitiinieeeens e 89
7.5.1 StatiC COTTECTIONS .uvuuiureeeeerrreriaieieeerrrririaeaeesereereerneea s aneeesesans 90
7.5.2 Positioning errors of the source and receiver arrays.................. 90
7.5.3 Raytracing - Horizontal Jayers ..o 90
7.5.4 Raytracing - Boxel method......cccooooiiiiiiiii 91
7.5.5 Estimation of the velocity field ......cooooiiiniiiiiiiiiiiiiien, 92
7.5.6 GK or GB algorithm?......cc.ooiiiiiiiiiiiii e 95
7.5.7 APETLUTE.c.eeiuiiimiirieiiie sttt 95
7.6 The Migrated ReSUILS ..o..ooviiiiiiiiiiiniic e 96
761 Pre-floOd .. cooeiiiiiiiieiirieeiiiiereiii e re e e s ne s 96
7.6.2 POSt-FlOOd «.eeoieeiiieieiiieeeieeeeereerriee 98



Chapter VIIL ..coooiiiiiiiiiiiiiiiie et 100

COAl MEASUTIES c.eevveeuererruneeeteennnnetertttaiiesssernnriaaaasaessensrasuoesrreeettsersenssenensss 100
8.1 Survey 3438-3437 - Imaging capability of crosshole surveys.............. 100
8.1.1 Background.......ccoccviviiiiiiimmiiiiiinii 100
8.1.2 Initial ProCeSSING ....ceevvriiniumrrriieeiiitien ettt 102
8.1.3 ReEProCeSSING .cceivviumririrriiiiiiiiiiree et 103
8.1.4 Dip sampling at image points - shot and receiver spacing.......... 105
8.2 Survey 3500-3496 - f-k versus f-k-K....ccccoormiiiiiininiii 106
Chapter IX oo 109
Conclusions and suggestions for future Work .......ccocooieiiiii 109
0.1 CONCIUSIONS .evvuvnieeeriiriereeeeetrinisiereetrraiereseesesnrrrsesaeeseeseatantiasittiarnns 109
9.1.1 Imaging capability .....cccoereeiiiiiiiiiiiiini 109
9.1.2 ResultS...ccccceeeviiiiiiiiiiiiinniniiiiiiiennn. et 110
0.2 FULUTE WOTK ...eeevunireeeriinieeeeeeiiniiiiie et eet bt se e s e s e seaserasai s e e e e n s b ennees 110
9.2.1 Further comparison of standard and novel processing
TECHNIQUES...eeeeiieiieeeeeet ittt 110
9.2.2 Quantification of the quality of IMages .......cceveveememmiiriiniiiniin 111
9.2.3 Detailed amplitude interpretation of crosshole reflection
TITIAZES ovvveeeneieeeeeeenreeeeiirnereeebre e e s bte e e s s e e ae et ettt e st e st s st 111
9.2.4 Resolution of raytracing problem ........ccccccvvreiiimeenmiiin. 111
9.2.5 Integration of amplitude tomography into raytracing............... 111
9.2.6 Further comparison of GRT and GB migration ...........c..c....... 111
9.2.7 Novel acquisition GEOMELTIES .. .coeeemmivrierereiiieiiininrninireeeiene 112
0.2.8 One-pass total ProCESSING .....vererirrrieerrrniiiiiiiniiiinee i 112
9.2.9 Imaging of all MOAES ....ccvviiiiiiiiiiic e 113
9.2.10 Integration of high-resolution seismic data into inversion
schemes for deriving reservoir Properties. ... veeeeenmuriiiermnnieeense 113
RETEIEICES erieiiieeeee ettt e e e e e e e e e e e e e e e e s sttt e e e s e s 115
Appendix A Groningen deviations.........cocvevineriniiinnininnes RO R Al
Appendix B Program Xhrl ... A3
Appendix C File xhrp.dfaultl ... A3S
Appendix D Program Xhr3 .....oocoooiiiiiniiii A38
Appendix E Program DerTymig ........cccoviiniiiiiiiimiiiiin A53

Vi



Table of Figures

Figure 2.1 Stanford University  piezo-electric  borehole  seismic
ACQUISILION SYSTEIML. c.eeuviiiniieureiitenseei et et 8

Figure 2.2 Acquisition geometry and velocities of the epoxy resin

layers for post-flood model. .....c.oovriiniiiiiis 11
Figure 2.3 Geometry of the source and receiver transducers..........cococeenenieee 12
Figure 2.4 Geometry of surveys 3438-3437 and 3500-3496. ......c..ccococviininns 14
Figure 3.1 The basic crosshole reflection processing S€qUENCe. ........ccocvveeene. 17
Figure 3.2 The common ray angle gather processing scheme. .......c...cccocoevene. 19

Figure 3.3 Scheme for direct wavefield removal using common ray

ANEIE GANETS. .oueiiiiiiiiiiite e 21
Figure 3.4 Improved scheme for direct wavefield removal using

common ray angle gathers. ... 21
Figure 3.5 F-k plot showing separation of up and downgoing events. ............ 23
Figure 3.6 VSP and crosshole data in the z- and f-k domains. ........c.ooeeenee. 24

Figure 3.7 Elliptical isochron for the traveltime from a source to a

scattering point and ON tO @ TECEIVET....cuutriurtiiiriiiiieiit e 30
Figure 4.1 The reflection point locus for a single shot and receiver in

an isotropic medium for surface seismics and crosshole.........ccooeieennene 35
Figure 4.2 Upgoing reflection point loci for a crosshole survey in an

ISOtrOPIC MEAIUMIL ..cevvviiiiriiinireere et 36
Figure 4.3 Zones of coverage of crosshole and hole-to-surface

SUTVEYS. 1eeeureeruteaserernreeesseesssassse s st e en et s b s e bbb ettt 37
Figure 4.4 Elliptical isochron for the traveltime from a source to a

scattering point and ON 10 @ TECEIVET....cvuiiiiiiiiiiiiiitiit e 38
Figure 4.5 Rose diagram showing the distribution of dips sampled for

the upgoing reflected wavefield......cooooiiniii 39
Figure 4.6 Rose diagram showing the distribution of dips sampled

with the additional restriction that raypaths must be within 60° of

the vertical at €ach IMage POINL. ..uuviiiiieiiiiiiirnirrees e 41
Figure 4.7 Rose diagram showing the effect of discrete spatial

sampling on the distribution of dips sampled. ........ccooviiniinini 42

Figure 4.8 Similar rose diagram for closer spaced image points. ........ccceeeenen. 43

vii



Figure 5.1 Direct and upgoing reflected raypaths from a horizontal
interface between two boreholes. .......coovviiiiiriiiiiii 50
Figure 5.2 The direct and upgoing reflected wavefields represented as
SULFACES 1N §-7-F SPACE. .vvererriurirrirrrreeasirrssaisteesabts s et s e iaa s e et 50
Figure 5.3 The wavefields transformed into f-k-k space.........cocoeinreinrnenne 51
Figure 5.4 Full-pass region of the filter for the upgoing primary
FEflECEEA EVEILS. 1.vveeneeeeeeireeeseeeseeseesseessesseesseesenseersesassnnssssesssassassssassseinees D2
Figure 5.5 The data volume transformed into the f-k-k domain before
and after fILErINE. . .ceeiiiiiiiiiiiiie s 53

Figure 6.1 Source and receiver positions with the interpretation of the

Groningen inter-well 8E0logY. . uuuieeiiieriiiniiiii 54
Figure 6.2 CRGs at depths 2453m, 2456m, 2503m and 2506m..........c.coeeeens 55
Figure 6.3 CSG from 2350m depth. ..cc.oooiiiiiiiiiiiiiie 56
Figure 6.4 CRG and f-k spectrum showing tube wave energy. ..........c.cecoeuenee 57
Figure 6.5 CSG from 2350m depth. .....ccoooiiiiiniiiiiiii e 58
Figure 6.6 Amplitude spectrum of traces from CSG at 2350m depth.........eee. 59
Figure 6.7 CSG from 2350m depth - receivers at depths 2233-2419m. .......... 60
Figure 6.8 CSG from 2350m depth - receivers at depths 2423-2606m. .......... 60
Figure 6.9 CSG from 2350m depth - receivers at depths 2395-2456m. .......... 62
Figure 6.10Migrated depth section of CSG from 2350m depth...................... 64
Figure 6.11Partial migrated depth section of CSG from 2350m depth ........... 64

Figure 6.12Ray diagram to show how termination of reflector
provides a lower limit for proximity of fault to receiver borehole................ 65
Figure 6.13Ray diagram to show how termination of reflector could
be due to the transition from post-critical to sub-critical reflections. ........... 65

Figure 7.1 Post-flood CRG 19 deconvolved to zero-phase with

arrivals MArKEd. coo.eeiiieiieeeeeiiiiiee ettt ettt a s 67
Figure 7.2 Expanded view of Figure 7.1...cccooiiiiiiniininn 68
Figure 7.3 Sketch of interpreted direct and head wave raypaths. .......ccceeeennee 69
Figure 7.4 Filtering with water wavelet as input, Butterworth output. .......... 70
Figure 7.5 Filtering with water wavelet as input, output with same

amplitude Spectrum as iNPUL SPECIIUML ...oouiriiiiiiinisiisrsreisessre s 71
Figure 7.6 Amplitude spectra of direct arrival through water and

through MOAEL .....cviiiiiiiiiiiie e 71
Figure 7.7 Water wavelet, model wavelet, and result of applying

filter, designed with water wavelet, to the model wavelet. ..........c.coccooeeeree 72
Figure 7.8 CRG 9 deconvolved using the filter in Figure 7.4, ....covneiiieeennnn. 73
Figure 7.9 Filtering with model wavelet as input, Butterworth output. ......... 74

viii



Figure 7.10 Filtering with model wavelet as input, output with same

amplitude spectrum as iNPUt SPECIIUML ....ueiiiiirrienrirenieeeeeneceeet e 74
Figure 7.11 Flow chart of the maximum phasing philosophy........cc..cccc.... 75
Figure 7.12 Maximum phasing - demonstration..........ocueeererineeesineennenneenne. 76
Figure 7.13 Inverse maximum phasing - demoONStration. .........cccceeveeneeniennenn 76
Figure 7.14 Scheme for direct wave removal by maximum phasing. .............. 71
Figure 7.15 Raw data - example CRG from receiver 9 at depth 20m. ............ 77
Figure 7.16 CRG 9 after max-phasing, muting, inverse max-phasing............. 78
Figure 7.17 Traces contributing to the common ray angle gather. ................. 79
Figure 7.18 CRG 9 - direct wavefield estimate from CRAG..........cc.cccccenen. 79

Figure 7.19 CRG 9 - trace-by-trace zero-phase deconvolved using
direct wavefield as input. ......cccceevveveiiiieeennnnn. et ———————————arrees e 80
Figure 7.20 CRG 9 - zero-phase reflected wavefield - zero-phase

CRAG wavefield subtracted from zero-phase total wavefield. ................... 81
Figure 7.21 CRG 9 for the post-flood - trace-by-trace zero-phase

deconvolved using pre-flood direct wavefield (Figure 7.18) as input........... 81
Figure 7.22 Zero-phase deconvolved CRG 9. ..., 82
Figure 7.23 CRG 9 following wavefield separation by 2-D f-k filtering

of zero-phase reflected wavefield in CRGS. ....ccoovieiiiiiiii 83
Figure 7.24 CSG 9 following wavefield separation of zero-phase

reflected wavefield in CRGS....ccocevmiiiiiiiiiiiiiiniii e 84
Figure 7.25 Migrated depth section of the top 10 CRGs (depths O-

22.5m) following 2-D f-k filtering in CRGS......ccooiiiiiiiiiiiiiiiiiee 85
Figure 7.26 Migrated depth section following 2-D f-k filtering in

CSGs and iN CRGS. ...cevviieriieeeeiiei ettt et sese s 86
Figure 7.27 CRG 9 following wavefield separation by 3-D f-k-k

filtering of zero-phase wavefield. ... 87
Figure 7.28 CSG 9 following wavefield separation by 3-D f-k-k

filtering of zero-phase wavefield. ... 88
Figure 7.29 CRG 9 following wavefield separation by 3-D f-k-k

filtering of post-flood zero-phase wavefield. .........oooeiiiiiniiinninnin 88

Figure 7.30 Up and downgoing migrated depth section following 3-D
f-k-k filtering of post-flood data. .......c.oooiieriiiiiiii 89
Figure 7.31 Upgoing depth sections migrated through a boxel and a

layered velocity model. .....oooiiiiiiiiiiii 91
Figure 7.32 Velocity tomograms obtained with improved traveltime

picks using initial velocity models (i), (i), (IV). cooervveniininiiiiiins 94
Figure 7.33 Upgoing migrated depth sections using GB and GK................... 95

ix



Figure 7.34 Pre-flood up and downgoing migrated depth sections.

APETIUTE 22.5%. woiiiiinietieti ettt 96
Figure 7.35 Pre-flood up and downgoing migrated depth sections.
ADETTUTE 4. ittt ettt 97

Figure 7.36 Pre-flood upgoing migrated depth section for 21 source
and 21 receiver POSILIONS.. .ioiivvruirrreereniiiriere et 97

Figure 7.37 Post-flood up and downgoing migrated depth sections.

Velocity model (11). .ooovviriniirrmieeii 99
Figure 7.38 Post-flood up and downgoing migrated depth sections.

Velocity Model (V). co.eoiiiiiiieiiiiieeienci e 99
Figure 8.1 Coal seam stratigraphy, hole-to-surface migrated depth

section and crosshole migrated depth SECtION. ....ceiiiiieiiniiiiiiiiiins 101
Figure 8.2 Raw data - the common source gather from 10m depth. .....uiieis 103

Figure 8.3 GK and GB migrated depth sections obtained from region
around the small fault near bottom of receiver array in borehole B.............. 104

Figure 8.4 Rose diagram showing the effect of discrete spatial

sampling on the distribution of dips. .....cccoovviiiiiiiii 105
Figure 8.5 The crosshole reflection processing sequence used to

produce FIgure 8.7D. ....c.ooiiiiiiiniiiiiiiiiiii 106
Figure 8.6 The data volume transformed into the f-k-k domain before

and after 3-D f-k-k fIllering. .....ovvvvriiiiiiiiiiiiii 107
Figure 8.7 Migrated depth sections following 2-D f-k and 3-D f-k-k

wavefield SEPATAtION. .....coiiiiirriiieiiirreie et 108

Figure 9.1 Speculative one-pass crosshole reflection processing

e L1 (<1111 SO UURPIOTSRS PR PRSRP P RS SR PR R R 112



Chapter I

Introduction

1.1 Synopsis

This thesis concerns advances made in processing techniques for application to
crosshole seismic reflection surveys. The work presented in this thesis is part of
the ongoing research into borehole seismic methods at the University of
Durham. My own work reported here is partly refinement of methods previously
established by other members of the research group, and partly development of

new processing techniques to enhance the quality of the final image.

Chapter I gives a review of the research performed at the University of Durham,
and elsewhere, into the use of borehole seismics as an imaging tool, and
discusses some developments in crosshole acquisition. The acquisition of the
datasets used in this study is described in Chapter II; the basic processing
scheme, as previously developed by Findlay (1991) and Findlay et al. (1991),

and processing tools devised by other researchers are discussed in Chapter III.

In Chapter IV, I present a critique of the imaging capability of crosshole
reflection surveying, with suggestions as to how to ensure optimal imaging of
the target zone. Chapter V contains two new processing techniques devised to
overcome problems encountered in applying basic processing procedures and to

enhance the imaging potential of crosshole reflection seismics.

The results of processing three different datasets are presented in Chapters VI,
VII and VIII, and a critical discussion is given in each case. Conclusions are

drawn, and suggestions for future work are made, in Chapter IX.

1.2 Borehole seismic methods

1.2.1 Check-shot and VSP
The first borehole seismic method to be developed in the oil industry was the

check-shot survey for the purpose of calibrating velocity measurements obtained



from borehole sonic logs. A receiver is clamped down the hole at several
locations, and a shot set off adjacent to the top of the hole. The traveltimes of
the direct arrivals provide corrections for the drift of the sonic curves. An
extension of this is Vertical Seismic Profiling (VSP) (e.g. Cassell 1984). Again
a downhole receiver is clamped and a surface air-gun positioned away from the
rig so that no transmission occurs down the casing. In the land case, a vibrator
or a source (water-gun or air-gun) in a mud-pit is used. Zero-offset VSP is
principally used for identifying the primary and multiple reflections on surface
seismic sections passing through the borehole and for designing deconvolution
operators for surface seismics. Although zero-offset VSP does provide some
imaging of structure around the borehole, the development of Offset VSP (e.g.
Dillon and Thomson 1984) greatly increased the imaging potential of the method
with coverage extending out from the borehole up to half the lateral separation
of the source and borehole. The imaging potential has been further increased
with walkaway, or multi-offset VSP surveys. Jackson et al. (1989), Kragh
(1990) and Kragh et al. (1991) have developed the Reverse Multi-Offset VSP
method (source in the borehole - line of geophones at multiple offsets at the
surface) for shallow exploration, and the technique has been extended to 3-D by
using an areal spread of geophones (Jackson et al. 1989). Present developments
include novel acquisition geometry such as would be required for horizontal
wells and the use of the drill bit energy as a seismic source for imaging (Rector
and Marion 1991).

VSP surveys provide greater resolution of the subsurface than conventional
surface seismic surveys, since the arrivals have to pass only once through the
highly attenuating near-surface layers which absorb relatively more of the higher

frequencies.

1.2.2 Crosshole tomography and continuity logging

Many of the recent advances in crosshole techniques have been due to the
development of non-destructive sources (§1.3.1) and have been driven by the
need for enhanced definition of oil producing reservoirs. Crosshole tomography,
the best known crosshole technique, has found uses in monitoring enhanced oil
recovery processes such as steam and COj flooding (Macrides et al. 1988,
Justice et al. 1989, Justice et al. 1993), fissure detection in granite (Wong et al.
1983) and has been used also in an attempt to delineate coal strata (Goulty et al.
1990). Both traveltime and amplitude information (Leggett 1992, Leggett et al.

1993) have been used to tomographically reconstruct the interborehole velocity



function and the differential attenuation, respectively. Goulty (1993) gives an

excellent review of applications of tomography in mining and engineering.

A further use of crosshole surveys is continuity logging of the interborehole
stratigraphy (Zhong and Worthington 1992). In this, tube wave interaction at
geological interfaces (Albright and Johnson 1990) causes conversion to
horizontally travelling P-waves which, upon arrival at the receiver borehole,
convert back to tube waves. Should the geological strata be broken by a fault,
the path of communication between the two boreholes will be cut and therefore
the analysis of tube waves can be used to provide a simple crosshole continuity

log.

1.2.3 Crosshole reflection imaging

In addition to using the information carried by the direct arrivals, the reflected
wavefield has been used for imaging (e.g. Findlay et al. 1991, Lazaratos et al.
1992). The obvious advantage of crosshole seismic reflection processing over
tomography is that the coverage is not restricted to zones above the base of the
source and receiver arrays through which the direct arrivals pass. Also,
tomography fails to resolve discontinuities in the velocity field, and provides an
estimate of only the low frequency components of the velocity distribution.
Crosshole reflections must be used for imaging discontinuities in the velocity
field, and for imaging at or below the base of the holes. Crosshole tomography

and reflection imaging therefore provide complementary images.

Crosshole reflection surveys provide yet higher resolution than VSP surveys, as
the transmitted energy does not have to pass through the attenuating near-
surface layers at all. Compared with conventional surface seismics, the higher
resolution of the subsurface structure achievable is of the order of 1 metre as
opposed to ~10-20 metres (Harris et al. 1992). Resolution on this scale is
critical for the mapping of thin beds, for site investigations involving the location
and definition of faults or old mine workings, and for assessing the homogeneity
of rock type. A second advantage over surface seismics is that crosshole seismic
data contain a wealth of multiple angle and multiple direction (from above and
below) views on target reflectors compared to the surface seismics normal-

incidence interrogation of beds from above only.



1.2.4 Crosshole reflection processing

The processing of crosshole data for reflection imaging can be very similar to the
standard VSP processing sequence, consisting of wavefield separation,
deconvolution and mapping (Hardage 1985), though some serious differences
exist (§3.4.1). Also of note is the difference in spatial imaging coverage for both

types of survey (§4.1).

Several workers have discussed the peculiarities of the crosshole processing
scheme. In the pre-imaging stage, Pratt and Goulty (1991), Stewart and
Marchisio (1991) and Rector et al. (1992a) have advocated the use of resorting
of the data into alternative domains to facilitate the separation of the reflected

wavefield by multichannel filtering.

For imaging, several schemes have been suggested. One of the first methods to
be used was the VSP-CDP mapping algorithm (Wyatt and Wyatt 1984), so
called because it transforms the data from VSP coordinates (depth of source or
receiver, traveltime) to surface seismic coordinates (lateral position and depth or
vertical traveltime). The method involves raytracing to find the reflection point
locus of each source and receiver pair (§4.1), and assigning to each point the
amplitude on the recorded trace at the corresponding traveltime. The process is

therefore not a migration method and will not collapse Fresnel zones.

Limited aperture Kirchhoff depth migration schemes, such as the one used in this
work (§3.5, §5.1), have been developed for crosshole reflection imaging
(Findlay et al. 1991), allowing a range of dips to be considered at each image
point (§4.2) centred around the local expected dip of strata. Finite difference
methods are also common (e.g. Balch et al. 1991). A joint migration/inversion
scheme has been advocated by Beydoun et al. (1989) to produce the first
published crosshole migrated images. The first operation in this scheme 1s
similar to a Kirchhoff depth migration, with inversion consisting of applying a
damped correction to the intermediate images to optimally deconvolve source-

receiver effects and decouple parameters.

Frequency domain wave-equation imaging methods, whereby the time-reversed
wavefields are propagated through the section, combined with traveltime
tomography has been implemented for crosshole processing (Pratt and Goulty
1991). By only using a limited number of frequency components, the computing

expense of these methods is reduced. This is appropriate since there is



theoretical data redundancy in wide-aperture crosshole surveys that allows
useful images to be formed from a single frequency component (Pratt and
Worthington 1990).

1.3 Developments in crosshole acquisition

1.3.1 Borehole sources

A comparison of various candidate borehole sources for crosshole seismology
and reversed vertical seismic profiling (RVSP) has been performed by Chen,
Eriksen and Miller (1990). The sources were explosive charges, a perforating
gun, an air gun, and a water gun. Although no visible damage was produced by
the sources, some deterioration of the cement bond between the formation and
the casing was indicated. Winbow (1991) has performed theoretical modelling

to compare the performance of downhole seismic sources.

For the Coal Measures surveys performed by the Research Group at the
University of Durham, single detonators were used, sometimes boosted by 25g
of gelignite (Findlay et al. 1991). These were found to give good shot
repeatability and an adequate bandwidth (100-700Hz) for the purposes of the
surveys (borehole separation ~ 30-60m). Detonators have also been used by
other workers from Imperial College (Zhong and Worthington 1992, Williamson
et al. 1993, Sams et al. 1993), giving a major frequency content above 1kHz for
borehole separation of 25m. Other larger scale surveys have been performed
with explosive sources (e.g. Macrides et al. 1988, Chen, Zimmerman and
Tugnait 1990). Crosshole seismology research has proliferated in recent years,
but Geyer (1993) has described a survey performed in 1961 using a
Schlumberger 48-gun casing-perforator tool as seismic source. Acquisition time
is slow using explosive sources since the source assembly has to be raised to the
surface between each shot for priming, and there is the possibility of damage to

the borehole walls, even though none has been reported in the literature.

Another source type developed is the sparker source (e.g. Baria et al. 1989). Its
main advantages are described as reliability, repeatability, and the production of
an impulse wavelet of short duration which is free of bubble oscillation.
Successive shots can be fired without having to bring the sparker to the surface,

a distinct advantage over explosive sources in terms of acquisition time.



A weight-drop source has been used to produce a significant level of shear
waves (Beydoun et al. 1989). The source is reported to generate fewer tube
waves than those from a sparker source, it has a shot repeatability of two shots

per minute, and probably does not harm the borehole.

The source that has found widest acceptance within the geophysical community
in recent years is the piezo-electric cylindrical bender system (Wong et al. 1983,
Balogh et al. 1988). In a similar vein, a magnetostrictive transducer has also
been used (Albright and Johnson 1990). The piezo-electric transducer can be
used as either a seismic source or a seismic detector, and is described in more
detail in §2.1.1. The source produces signals of bandwidth 100-2000kHz over
borehole separation of 330 feet at 1000 feet depth. The system has been
developed to record 'on-the-fly', i.e. with source moving continuously at
approximately 500 feet per hour, and receiving triggér signals from the control
systems at regular depth intervals. The advantage of this mode of operation is
the speed with which extremely large datasets can be acquired (e.g. 37 000
traces acquired in 40 hours as described by Harris et al. (1992)). The source has
proved to be reliable in the most exacting of field conditions (depths > 10 000

feet), and of high enough frequency to allow high-resolution reflection imaging.

1.3.2 Borehole receivers

Hydrophones have been the standard receivers for shallow boreholes. They are
ideally suited for detecting the pressure variations caused in the fluid-filled
boreholes by the arriving energy packets. Their reliability has been enhanced by
many years of use in the marine seismic environment, and hence their

characteristics are well documented.

Three component borehole geophones have also been tested (Beydoun et al.
1989, Beattie 1990, Emeleus 1993). Their potential for separating out P and S-
wave arrivals makes them an attractive receiver, although the necessity of
aligning them and clamping them against the borehole wall greatly increases the
acquisition time. The cylindrical piezo-electric bender transducer used as a

source (§1.3.1) is also used as a detector.



Chapter IT

Acquisition

Three types of crosshole seismic datasets have been used in this study. The

acquisition of each will be discussed separately.

2.1 Groningen

Data were acquired by Seres a/s of Trondheim using two wells at the
Scheemderzwaag site in the Groningen gas field in the north of the Netherlands
over the period 19-24 November 1990 (Vaage and Ziolkowski 1992). This site
normally produces gas, but gas production had been temporarily stopped in
order to carry out routine maintenance work on the wells. Measurements made
were:

o Logging of the wells by Schlumberger, using the array sonic tool.

© Crosshole measurements using the Stanford University piezo-electric bender
source and hydrophone receiver array.

o Crosshole measurements using the READ Well Services mud-gun source and

three-component geophone array.

The crosshole data acquired using the piezoelectric cylindrical bender system of
Stanford University, deployed by Jerry Harris of Stanford, were made available

for this project.

2.1.1 The Stanford crosshole seismic acquisition system

The Stanford piezoelectric system has been fully documented in the literature
(Balogh et al. 1988, Harris et al. 1992). A schematic outline of the system is
shown in Figure 2.1. The system comprises a three-element piezoelectric
downhole source, a nine-level hydrophone and two logging trucks with

associated surface equipment and instruments to control the downhole tools.

The source consists of three active elements, symmetrically placed into the

downhole tool to form a mass balanced downhole source. Two banks of power
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Figure 2.1 Schematic outline of the Stanford University piezo-electric borehole

seismic acquisition system (from Harris et al. 1992).

transformers are mounted above and below the active transducers for symmetry.
The balance is intended to reduce spurious modes of structural vibration, thus
creating more radiation from the desired monopole mode. The elements may be
driven as three independent sources or as a single unit for increased coherent
output. This design is a slight modification on the original version built for
Standard Oil in 1985-86. The far-field wavelet radiated by this source is

proportional to the current drawn. Source signatures are generated by three 12-



bit D-to-A phase-coherent waveform generators. Arbitrarily defined waveforms
including sweeps, pulses and pulse sequences can be used. For this experiment
data were recorded in both sweep and pulse mode. All data gathered with
sweeps were recorded uncorrelated, correlation being performed after the
completion of the experiment. The source is powered by a three-channel 24kVA
linear power amplifier. The power is delivered via 12 000 feet of 7-conductor

armoured wireline.

The receiver system consists of a nine-level array of OAS deep ocean
hydrophones, arranged at 3m intervals for this experiment. Each level is
independently digitised downhole to sixteen bits of resolution. Unfortunately,
only four of the nine channels were functional at the site surface. After lowering
into the well, two further channels ceased to function. The two remaining
channels, spaced 3m apart, were operational for the duration of the experiment.
A surface computer, located in the source truck, provides control of recording
parameters - sampling rate, downhole analogue and digital gain, vertical stacking
depth, and high and low pass filter settings. The hydrophones are interfaced to
the surface via a telemetry sonde that controls communications and data transfer.
Data are stacked downhole in order to reduce transmission throughput. Though
only four conductors are required, the entire system is run on 17 000 feet of
standard seven-conductor wireline. Recording parameters, including both
downhole source and receiver wireline depths which are electronically

monitored, are recorded to the SEG-Y header along with the trace data.

2.1.2 The Scheemderzwaag experiment

The wells selected for the experiment deviated away from each other, giving a
separation of 140m at the surface to 298m at 2350m depth, the deepest
accessible point in the source well. The lateral position of each receiver relative
to the source position at 2350m depth was calculated from x,y,z data provided
for both wells at 25m depth intervals over the zone of interest (Appendix A). 2-
D geometry was assumed since the deviations in x and y of the receiver well

were approximately linear over the depth range of the gather.

In all, over 600 records were obtained. These included pulse tests, an
experiment to determine the transmission characteristics as a function of the
formation parameters by positioning the source and one of the hydrophones at

the same depth, an experiment to study the variation of amplitude with distance,




and six common source and common receiver gathers. These gathers had the

following parameters:

Source Receiver Spatial No. of
depth depth interval Records
2330-2350m 2453m Im 21
2330-2350m 2456m _ Im 21
2331-2350m 2503m Im 20
2331-2350m 2506m Im 20
2350m 2507-2538m Im 32
2350m 2233-2606m 3m 125*

Of these, the surveys with 1m spacing were found to have limited coverage, and
to be affected by tube waves. In consequence, the common source gather with
125 records from 2350m depth was used for crosshole seismic reflection imaging
(§6.3). For a sketch of the positions of the source and receivers relative to the

geological cross section see Figure 6.1.

Following completion of the processing, I was informed that cable stretch had
occurred during the course of the experiment. The shot gather used for imaging
(§6.3) was the penultimate experiment carried out before the equipment was
retrieved, and the adjustments needed were therefore the total stretching in the
cables, 3m and 6m for the source and receiver positions, respectively. However,
these corrections were considered to be of little value within the context of the
aim of demonstrating the crosshole reflection imaging technique on a high

frequency dataset from a producing field and have not been applied.

* Some irregular spacing occurred in the middle of this gather i.e. receivers at
...2416m, 2419m, 2423m, 2426m,... depth.




2.2 Physical Model

Physical model datasets designed to represent 'pre-flood' and 'post-flood' stages
in an EOR process were acquired in 1989 by N.R. Goulty using Durham
University's physical modelling system (Sharp et al. 1985). The models were
made of seven layers of epoxy resin, representing strata of different densities and
seismic velocities. A channel feature and a fault have been modelled by shaping

the interfaces between the layers (Figure 2.2).
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Figure 2.2 Acquisition geometry and velocities of the epoxy resin layers for

post-flood. Pre-flood is identical except for absence of low velocity flood zone.

Piezo-electric transducers were used as source and receiver, and were positioned
at intervals of 2.5mrﬁ over a distance of 125mm down the sides of the model,
which was 46.5mm wide. The received signal had a bandwidth of 150-700kHz.
Upon scaling all dimensions by a factor of 1000 to represent the case for real
data (i.e. mm to m, ms to s), this corresponds to a 150-700Hz bandwidth with a
borehole separation of approximately SOm. The reader is referred to Leggett et

al. (1993) for a complementary description of the acquisition of these data.
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2.2.1 The model

The models were comprised of seven layers made of five different epoxy resin
mixtures. In keeping with geological realism, there is an overall increase in
velocity with depth (although low velocity zones are present), the deepest
interface is faulted, and one layer contains a channel feature. To ensure that the
pre-flood and post-flood models were identical apart from the flood zone, they
were made together in one solid block in the same mould. After the pouring of
each layer, the upper surface was machined off before pouring the next layer.
The models can therefore be regarded as identical to within 0.025mm, the
tolerance of the milling machine. After the reservoir layer had been poured and
set, it was machined to cut out the 'flood zone' over the half of the block which
was to form the post-flood model, but left intact for the other half. A different
epoxy mixture was then poured in to represent the flood, and two further layers
added on top across both halves of the block. The complete block was then cut
in two, separating the pre-flood and post-flood models.

2.2.2 The source and receiver
The source and receiver used were piezo-electric transducers. Sketches of their
dimensions and nominal positions relative to the model edges are shown in

Figure 2.3.

transducer sheath transducer

model model ,
active
element

i | 7.0mm | | ' T‘
9.5mm T RN
(a) 1.25mm ® 1.0mm 1-0mm

Figure 2.3 Geometry of the (a) source and (b) receiver transducers.

From this figure, it can be seen that the source signal is generated on a
cylindrical surface of radius 3.5mm. Assuming that the radiation pattern from
the source has cylindrical symmetry, it can be regarded as a 2-D point source in
the centre of the transducer. For this assumption it is necessary to make a static
shift to the data equivalent to the time taken to travel 3.5mm in water, since at

time zero the wavefront is on the surface of the transducer. This shift amounted
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to 9.54 samples in the pre-flood case where the velocity of water was found to
be 1467m/s and 9.52 samples for the post-flood with a water velocity of
1477m/s (Leggett 1992). The transducer was enclosed within a sheath of
thickness 1.25mm, and the clearance between the sheath and the model was

1.25mm, the centre of the transducer being 6mm from the model.

The tip of the receiver probe was about 1mm from the model and the active area
of the receiver transducer was guessed to be lmm below the surface of the
transducer, making a static correction for the receiver of 2mm. Assuming a
point source, the total offset from the model of source and receiver was
therefore 8 mm. To shift the source and receiver perpendicularly so as to be
touching the model would require a reduction in traveltime by 21.81/21.66
samples (pre/post-flood), giving a total static shift (including the point source
shift) of 12.27/12.14 samples. Static shifts are discussed further in §7.5.1.

The positions of the transducers relative to the model could be in error by up to
Imm, as could their positions relative to each other. The receiver transducer
was moved manually between runs (accuracy within 0.5mm) and for each
receiver position the source was moved automatically with a nominal accuracy
of 0.01mm.

2.2.3 The data

The data were recorded in February 1989 onto two SEG-Y format, 1600 bpi
half-inch tapes. There were 2048 samples per trace with a sample interval of
0.25 ps, and all the data were acquired with 16-fold vertical stack.

Tape TNK903 contains data from the pre-flood model. There are 55 sets (ids)
of 51 traces.

e1ds 1 and 2 are in water only with the receiver in the middle of the array (depth
62.5mm) and the source moving from depths -62.5—62.5mm and 62.5—

187.5mm, respectively.

e 1Ids 3-53 are 51 common receiver gathers with the model in place. Position 1 of
both sources and receivers was at depth 125.0mm, with position 51 at 0.0mm.
elds 54 and 55 are in water only with the receiver at either end, and the

identical source positions as for ids 3-33.

Tape TNK904 contains data from the post-flood model. There are 56 ids of 51

traces.
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eIds 1 and 2 are identical to ids 54 and 55 on the pre-flood model tape (though
note that the tapes were recorded on different days and thus the water velocity
will have altered).

e Ids 3-53 are 51 common receiver gathers with the model in place.

e 1d 54 is with water only and the receiver 25.5 mm from the centre (recorded
inadvertently).

e Ids 55 and 56 are identical to ids 1 and 2 on the pre-flood model tape (though

again note the change in water velocity).

2.3 Coal Measures

Both Coal Measures datasets used in this study were acquired and originally
processed by M.J. Findlay; hence full details of the acquisition of these data can
be found in Findlay (1991). Both datasets are from the Lowther South opencast
exploration site in Yorkshire, between boreholes 3438-3437 and 3500-3496
(sources in first named borehole). Findlay refers to these as surveys C (between
boreholes III and II) and E (between boreholes IV and V). The separation of
boreholes 3438-3437 was 37.1m, and that of 3500-3496 was 32.0m.

trigger line

seismograph

I shot boxi

Water table - 8m
] ]
; : 2m m ] |
| l
I |
10.28-52.28m ' 12-56m
(10-52m) sources | receivers (9.79-53.79m)
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| |
37.1m (32.0m) -

Figure 2.4 Geometry of surveys 3438-3437 and 3500-3496.

Dimensions in brackets are for survey 3500-3496.
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The depth range occupied by both sources and receivers was restricted by the
water table at 8m, and by blockages in the uncased boreholes close to the
worked coal seam at 50m depth. Single electrical (no. 8 type) detonators were
used as sources, spaced 2m apart at 22 locations in boreholes 3438/3500.
Findlay (1991) noted that there was no noticeable change in the frequency
content of data recorded using a dynamite source compared with that of data
recorded using a detonator alone, suggesting that the conditions required for the
charge scaling law proposed by Ziolkowski et al. (1980) do not hold for small-
sized charges fired in boreholes. A wire was taped around the end of the
detonator and attached to the trigger line; the breaking of this wire on
detonation triggered the recording system. The charge was positioned at the
end of a 4cm diameter hollow steel tube (a section of scaffolding pole) which
was 40cm long. The main purpose of this tubing was protection of the firing
and triggering leads, and to provide sufficient weight to allow the charge to be

raised and lowered easily.

Hydrophone receivers, also 2m apart, were deployed at 23 locations in boreholes
3437/3496. The data were recorded using an EG&G Geometrics ES2401
seismograph. The seismic signals had a bandwidth of 100-700Hz with a peak at
about 200Hz.

Boreholes 3438 and 3437 were two of three collinear boreholes. In addition to
crosshole surveying, reverse vertical seismic profiles (RVSPs - hole-to-surface)
were shot in each borehole to give continuous coverage (Kragh 1990, Kragh et
al. 1991). These RVSPs were shot using explosive charges downhole and a line
of 24 geophones at the surface in the plane of the section. Hole-to-surface
surveys were not performed in boreholes 3500 and 3496 due to borehole

collapse following acquisition of the crosshole data.
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Chapter III

Basic Processing

The processing tools described in this chapter are established methods for
processing crosshole data, devised by Findlay et al. (1991) and other researchers
(Kragh et al. 1991, Pratt and Goulty 1991). Their effectiveness is discussed in
relation to the datasets used in this study in Chapters VI, VII and VIIL

3.1 Introduction

In processing crosshole data, we can extract several branches of information
about the physical properties of the earth's subsurface, such as velocity,
attenuation and reflectivity. By considering what information is required, we

can design an optimum processing scheme to enhance the result.

For crosshole seismic reflection processing, there are advantages in changing the
shape of the effective wavelet in the data. The recorded reflected seismograms
can be thought of as the convolution of the source signature with the impulse
response of the subsurface and recording system. The first onset of each
reflected arrival therefore corresponds to the traveltime along the reflected
raypath. For reflection imaging, it would therefore be desirable to shape the
resident wavelet to zero phase, with peak amplitude at the onset time of each

arrival.

Crosshole reflection imaging will also require the removal of all non-primary
reflected arrival modes, whether P or S direct wave, mode conversions, head
waves, tube waves or multiples. The high energy P direct arrivals can be muted,
whereas methods such as median filtering or velocity (f-k) filtering are necessary
for other arrivals. Separation between up and downgoing reflections is also

necessary.

Since a depth section (i.e. a physical cross section of horizontal distance versus

depth) is easier to interpret than the recorded section of receiver position against
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time, a scheme to migrate the reflected wavefield is then utilised. These will be
the main requirements of a crosshole reflection processing scheme -
waveshaping deconvolution, direct arrival suppression, wavefield separation and
migration (Figure 3.1). These were discussed by Findlay et al. (1991), and as
this study follows on from his work, the basic processing steps are similar.
These steps are also interchangeable in some respects - some of the criteria

governing the order are discussed in §3.6.

Waveshaping Deconvolution

(Direct Arrival Suppression

Wavefield Separation

Migration

Figure 3.1 The basic crosshole reflection processing sequence.

3.2 Waveshaping Deconvolution

Most of the following methods use the same philosophy of designing a Wiener-
shaping deconvolution filter (Robinson and Treitel 1985) with an estimate of the
resident wavelet as the input wavelet and a zero-phase Butterworth wavelet (e.g.
Sheriff and Geldart 1983) as a desired output. The output wavelet is specified in
the frequency domain to correspond to the useful signal bandwidth with tapering
at the limits. It can be thought of as a band-limited Dirac delta function.
Alternatively, the zero-phase output wavelet can be specified with the same

amplitude spectrum as the input wavelet.

3.2.1 Wavelet estimate by assumption of minimum phase wavelet

This method was used by Kragh et al. (1991) and Findlay et al. (1991) for
borehole reflection processing. An estimate of the source wavelet is obtained by
taking the autocorrelation function of the wavelet to be the sum of the
autocorrelation functions of all the traces (or a selection of traces). This

assumes that the reflectivity is white and stationary. The minimum phase
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assumption is then used to obtain a minimum phase input wavelet (Robinson and
Treitel 1985).

3.2.2 Wavelet estimate by aligning direct arrivals

The direct arrivals at the receivers can be used to design a deconvolution filter
for the reflected arrivals (Kragh et al. 1991). A single direct arrival is estimated
by aligning the direct arrival energy of all traces (or several traces, depending on
data quality) and stacking the traces. Alternatively a single-trace direct arrival

can be used.

3.2.3 Amplitude spectrum of zero-phase output wavelet = input wavelet
Should the previous two methods not produce the desired shaping of the data
because of peculiarities in the input wavelet amplitude spectrum, the amplitude
spectrum of the desired output wavelet can be equated to that of the input
wavelet. However, the output waveform will not be as tidy as for the
Butterworth wavelet, as its amplitude spectrum will be further from the ideal of
the Dirac delta function. This method was used by Leggett et al. (1993) for
deconvolving the direct arrivals through the physical model, prior to picking
traveltimes for tomography. One situation where this method might be
necessary is where there is a notch in the amplitude spectrum of the input
wavelet (see §7.3.1). The standard method to deal with this problem would be
to add white noise (Hatton et al. 1988).

3.2.4 Comimon ray angle gather

An alternative scheme for deconvolution has been proposed by Pratt and Goulty
(1991), working on the physical model dataset. This method as applied to the
data in this study is discussed fully in §7.3.3. The data are regathered into
common ray angle gathers, this reorganisation of the data allowing scattered (i.e.
reflected) and direct arrivals to be discriminated on the basis of time moveout.
For each trace that was to be operated on, 11 common ray-angle gathers were
selected. These were the gathers from the given ray angle and from the five
adjacent ray angles on either side. From each of these gathers, five traces were
selected: the traces from the given receiver location and two traces on either
side. Thus a total of 55 input traces were used for each output trace (except at
the edges of the survey). The direct arrival first breaks were aligned and
averaged by means of a running mean filter. This then gave an estimate of the
direct wavefield for all 2601 traces. This process could also be performed using

S wave arrival times to estimate the S-wave direct wavefield.
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This direct wavefield estimate provides a robust method of deconvolution
(Figure 3.2). A Wiener shaping filter was computed from the estimated direct
arrival wavelet on each trace, and applied to the corresponding recorded trace.
The desired output was a minimum phase wavelet with the same amplitude

spectrum as the input wavelet.

raw data

DECON  (Deconvolved daﬁ
s’ 7~

/
/T input traces for designing

CRAG data Wiener shaping filters

Figure 3.2 The common ray angle gather processing scheme.

Findlay (1991) observed, and it is my experience, that this method is unsuitable
for the Coal Measures datasets, which have fewer sources and receivers than the
physical model dataset, because of the end effects on the averaging process for
the shallowest and deepest source and receiver positions. Also, trace-to-trace
variations in the direct arrival waveforms are greater, possibly due to peg-leg

multiples.

3.3 Direct Arrival Suppression

3.3.1 Muting

For reflection imaging, it would be desirable to remove direct arrivals, which are
of higher amplitude than the reflected arrivals. Hu and McMechan (1987) and
Findlay et al. (1991) advocate the use of first break (transmitted) energy muting.
Note that this will not remove slower S-wave direct arrivals, nor direct P-waves
where the first arrivals are head waves. Also note that it is preferable to perform
direct arrival suppression after waveshaping deconvolution. The direct arrival
has then been compressed into a narrower wavelet, so the muting may be
constrained to a narrower window, therefore corrupting less of the reflected

arrivals.
The inherent problem with muting of the direct arrival is that, because the

traveltime of the up/downgoing reflected arrival just above/below a reflecting

interface is only slightly greater than the traveltime of the direct arrival, reflected
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energy will also be removed. This means that reflector coverage will be lost

near the source and receiver boreholes.

3.3.2 First break estimation

To be able to mute, it is first necessary to estimate the direct arrival times at
each receiver position. Findlay's automatic first break picking program within
the xhr package (Appendix B) is an efficient way of doing this. First breaks are
picked on a statistical basis, by locating the time sample where the recorded
signal amplitude rises sufficiently above the rms amplitude of the background
noise. Leggett et al. (1993) used a method of deconvolving the direct arrival to
a zero-phase peak, and then picking the maximum amplitude in a window around

the first arrival.

3.3.3 Median filtering

Any coherent arrival can be eliminated from seismic data by use of multichannel
filters (Ozdemir and Saatgilar 1990). Median filters work by aligning the arrival
to be enhanced or removed, and performing a median filter across the traces
whereby the median value of a time sample over an odd number of traces is
placed at the time sample of the middle trace. Aligned events will be enhanced
at the expense of dipping events. The estimate of the aligned arrival can then be
subtracted from the original data. To prevent too much destruction of useful
signal, the filter should be applied only within a time window specified about the
arrival to be suppressed. High cut filtering follows median filtering to reduce the

high frequency noise (Yjitter') introduced by the filtering.

Although median filtering has been used in crosshole reflection processing
(Rector et al. 1992a, Cai and Schuster 1993), the smaller number of source and
receiver positions used (i.e. less data redundancy), and trace-to-trace variations
(§3.2.4) in the datasets used in this study mean that the level of noise introduced

by median filtering is unacceptable.

3.3.4 Common ray angle gather

An alternative scheme for direct arrival removal uses the CRAG method (§3.2.4)
of Pratt and Goulty (1991). The CRAG gives an estimate of the direct wavefield
for all 2601 traces. Following trace-by-trace deconvolution of the wavefield, the

deconvolved total wavefield was used in exactly the same process
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| CRAG data | [ CRAG deconvolved data]

Figure 3.3 Scheme for direct wavefield removal using common ray angle

gathers.

of estimating the direct wavefield described earlier. Once this new direct
deconvolved wavefield was computed, it was subtracted from the deconvolved

total wavefield to produce an estimate of the scattered wavefield (Figure 3.3).

It was realised that this scheme involving a second CRAG would tend to smooth
out traces by involving more than 55 traces in producing a single trace, since
each trace input to the second CRAG would already be influenced by 55 traces
input to the initial CRAG. It was also unnecessarily cumbersome, in that an
estimate of the deconvolved direct wavefield could be obtained by applying the
same filters to the direct wavefield estimate as had been applied to the total raw
wavefield (Figure 3.4). This dramatically reduced the computation time for this
method since deconvolution is less CPU intensive than the CRAG method.

raw data |_2ECON \(Deconvolved dat%
\

/
CRAG / SUBTRACT—{ Reflected data |

/ —
CRAG data |~ Deconvolved CRAG dateﬂ
DECON

Figure 3.4 Improved scheme for direct wavefield removal using common ray

angle gathers.

The reason for performing deconvolution before subtraction was so that any
high frequency noise introduced due to slight mis-match would be within a
compressed window. The method was significantly more successful at removing
the direct wave arrival than the methods described above, and in doing so
avoided all use of muting which had proven a problem in removing the desired
reflected arrivals in previous methods. However, the caveats mentioned in
§3.2.4 of end effects and trace-to-trace variations are pertinent again. A further

advantage of this method is that it can be used to mute direct S-waves also, by
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repeating the CRAG with the traveltime picks of the S-waves instead. The
success of this second CRAG will be dependent on the ease of S-wave arrival
traveltime picking, since the arrival will be masked by P-wave reflections, and

will vary in amplitude with angle of trajectory.

3.4 Wavefield Separation in the f-k domain

Both f-k velocity filtering and median filtering have been used in crosshole
seismic wavefield separation. The first method is the one used by Kragh et al.
(1991) and Findlay et al. (1991). The median filter and its associated problems
have already been discussed with regard to direct arrival suppressién (§3.2.4).

The two-dimensional Fourier transform (2-D FT) and its applications to seismic
reflection data processing are well known (Embree et al. 1963, March and Bailey
1983). The computational use of f-k techniques has been greatly facilitated by
the Fast Fourier Transform (FFT) (Cooley and Tukey 1965), which reduces
dramatically the number of calculations necessary for transforming. For our
purposes, the most interesting application of the 2-D FT is that of velocity
filtering (Christie et al. 1983). Often referred to as pie-slice or f-k filtering, the
technique has found wide application in VSP processing (Hardage 1985).

3.4.1 Differences between VSP and crosshole

Both crosshole gathers and VSP gathers contain several arrival modes which
often intersect in the z-+ domain, and are therefore difficult to separate using
time domain filters. In the f-k domain, these arriving energy packets transform
to events radiating from the origin. The slope of an event is equal to the
apparent velocity with which the arrival passes the receiving array, and it can be
deduced that intersecting arrivals in z-¢ have different apparent velocities and
will plot along different lines in f-k. Attributing positive velocities to upgoing
events it can be seen that upgoing and downgoing events will be separated into
the right hand and left hand sides of the f-k plot in Figure 3.5, respectively.
Filtering in the f-k domain, by putting to zero a wedge or pie slice of the
spectrum, can therefore be used to discriminate between intersecting arrivais,

and between up- and downgoing events.
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Figure 3.5 F-k plot showing the separation of upgoing and downgoing events,

and a filter for passing only upgoing events.

For a particular interface, a wave arriving at it from above would 'see’ it as the
opposite polarity to that 'seen' by one from below, i.e. the impedance contrast
would be positive for a downgoing wave and negative for an upgoing wave or
vice versa. Therefore the reflected signals from above an interface (upgoing
reflections) would be of opposite polarity to those below (downgoing).
Separation of wavefields is a necessary pre-migration processing step since
unless the up and downgoing events are migrated separately, there would be a

net cancellation effect from combining their respective reflectivity amplitudes.

One important difference between VSP and crosshole wavefields is that, in the
crosswell situation, many reflection events overlay the direct arrivals in f-k space
(Figure 3.6), and wavefield separation by f-k filtering is difficult (Hardage 1992).

For a VSP wavefield, the direct and reflected events fall into opposite half
spaces of the f-k domain, and effective f-k filters can be designed to suppress
either the direct or the reflected wavefields. Note how it is not possible to
perform a simple pass filter to separate direct and reflected arrivals for crosshole
data in the f-k domain. As discussed previously (§3.3.1), this could be avoided

by muting the direct arrival either pre- or post- wavefield separation.
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Figure 3.6 (a) VSP data in the z-f domain and (b) in the f-k domain.
(c) Crosshole data in the z-f domain and (d) in the f-k domain.

3.4.2 Data preparation for f-k filtering

Data processing prior to transformation to the f-k domain and the design of the
f-k filter are crucial for minimising the artefacts of the transform and filtering
processes. March and Bailey (1983) have covered most of these factors; here
attention will be brought to those which are of particular interest in crosshole

processing.

One problem with digitally sampled data is that of undersampling and thus non-
unique definition, especially in discrete Fourier space. If the temporal and
spatial (i.e. source or receiver spacing) sampling intervals for the data are At and

Az, the temporal and spatial Nyquist frequencies are defined as

1 1
fNYQ:E (313), kNYQ—Z_A; (31b)

Before transforming the data to the f-k domain, the gather must be normalised so

that each trace has equal energy. Large differences between adjacent trace

24




amplitudes would cause ringing in the f-k spectra, hence degrading the wavefield
separation process. The importance of this step is of course highly data
dependent. Coal Measures data are affected by the different source coupling
factors (Kragh et al. 1991, Findlay et al. 1991), and may also be affected by
variable receiver coupling. The physical model data (§2.2.2) on the other hand
have near constant source/receiver coupling, though some slight variation should

still be corrected by normalisation.

The FFT algorithm requires that the data consist of 20 samples, where n is an
integer, in both space and time dimensions. Padding out the number of samples
with zeroes up to the next integer power of 2 is a simple matter in the time
direction. Where the number of traces are not an integer power of 2, padding
out with zero traces up to the next power of 2 is performed. In fact these
padding traces are highly advantageous for preventing wrap-around and so it is

often desirable to pad out with zeroes by a further power of 2.

Prior to the f-k transformation, the data must be spatially and temporally
tapered. The 2-D FT assumes that the dataset repeats to infinity along both z
and r axes. This assumed periodicity is not a great problem in time, since both
the start and tail of the traces can be tapered without loss of desired data.
However, a greater problem exists in the spatial direction, where a large
discontinuity exists between a data trace and a zero (padding) trace. As
mentioned above, this will cause ringing in f-k unless a spatial taper is applied to
reduce the amplitudes of the edge traces down to zero over three or four traces.
It should also be noted that the same tapering requirement exists when
transforming back from f-k space to z-r. With the data used in this project, the
amplitude tapers off to zero before the temporal Nyquist frequency. However,
sharp cut-offs exist at the positive and negative Nyquist wavenumber, and it is

necessary to apply a taper to zero over the edge wavenumber values.

3.4.3 Filter design

The arrivals to be passed and those to be rejected must be identified in the data
in both the z-t and f-k domains. The apparent velocities of the arrivals can then
be calculated. Should these arrivals be low amplitude, some intuition in
apparent velocity estimation is required on the part of the processor, based on
knowledge of the formation velocities. A pie-slice filter is then designed with
pass slope velocities around that of the useful arrival (Figure 3.5). For example,

P-wave arrivals will have apparent velocities of between 1800m/s (a wave
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travelling vertically through ‘a formation of velocity 1800m/s) and infinity (a
wave travelling horizontally and therefore hitting all sources/receivers
simultaneously).  Depending on the geometry of the borehole seismic

acquisition, the range of useful angles of reflected arrivals can be calculated.

The pie slice filter must not have sharp edges, since this would introduce an
event at the velocity of the cut-off upon transforming back into z-7. A cosine
taper is used by the xhr package (Appendix B) to smooth the edges of the pie-
slice from the value of unity at the slope velocity down to zero at a velocity
input by the user (Figure 3.5). For the same reason, it is prudent to select the

edges of the velocity filter to lie along low amplitude channels in the data.

3.5 Migration

The migration process relocates reflection events to their true subsurface
positions, and collapses diffractions to a point. Surface seismic surveys may be
migrated post-stack on the assumption that the stack may be treated as a zero-
offset section. However, this assumption is not valid for strong lateral velocity
variations or for strong multiples and conflicting dips, for which the hyperbolic
moveout assumption for stacking no longer holds (Yilmaz 1987). Full pre-stack
migration, although preferable for overcoming the above problems, is less
frequently employed because of the huge volumes of data and hence computing
cost and time involved. Instead, pre-stack partial migration (synonymous with
dip moveout, DMO) has been developed (Deregowski and Rocca 1981). In
contrast, crosshole migration must be performed pre-stack as the source/receiver
acquisition geometry precludes the equivalent of forming CMP gathers. Pre-
stack migration is feasible for the small crosshole datasets used in this work, and

stacking is performed post-migration when required.

Three mainstream migration methods have been developed, based on solutions
to the scalar wave equation:- Kirchhoff diffraction stack, finite difference and f-k
migration (Hood 1981, Yilmaz 1987). The first pre-computer technique used
was semicircle superposition.  Diffraction summation (diffraction stack)
(Hagedoorn 1954) was the first migration scheme commercially available on a
computer. A progression from this was Kirchhoff summation, whereby
Kirchhoff integral theory, rather than the ray approximation used previously,

was employed to make the summation consistent with the wave equation. This
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then included the effects of spherical spreading, obliquity and amplitude and
phase corrections inherent in the depiction of the reflector as a series of closely
spaced Huygens' secondary sources. Finite difference solutions to the scalar
wave equation based on wavefield extrapolation and an imaging condition have
been pioneered by Claerbout (e.g. Claerbout 1970, Claerbout 1971, Claerbout
and Johnson 1971). A further set of methods are the frequency-wavenumber (f-
k) methods such as those of Stolt (1978) and the phase shift method of Gazdag
(1978). These methods were based originally on a constant velocity medium,

and their use in heterogeneous media is not free from problems.

3.5.1 Why Kirchhoff?

Findlay (1991) has made a comparison between several migration algorithms for
application to crosshole processing. One conclusion from this was that
Kirchhoff methods were preferable to finite difference methods because they
were faster and because of the extra control of image quality available during the
migration process through the use of an imaging aperture. He also concluded
that the diffraction stack technique did not give theoretically correct amplitudes
or phases in the migrated section, the finite difference technique (as coded up
from Sun and McMechan 1986) produced reverberations due to grid dispersion
effects and the Kirchhoff algorithm was unsuitable as it implied that the
reflectivity response depended on the image point position between the source
and receiver boreholes (§3.5.3). He therefore recommended and employed the
Generalised Kirchhoff migration (Dillon 1990), although he noted the similarity
to the Generalised Radon Transform (Miller et al. 1987).

3.5.2 Development of Kirchhoff migration

Claerbout's (1971) imaging principle states that reflectors exist at points in the
subsurface where the first arrival of the downgoing wave is time-coincident with
the upgoing wave. This principle forms the basis of all migration schemes. In
wave-equation migration, the scattered wavefield at the geophone array is
extrapolated (in reverse time) back along its path of propagation. An image is

formed where the extrapolated wavefield meets the direct arrival.

As previously mentioned, diffraction stack migration was originally based on ray
tracing concepts and on the scalar diffraction theory of Huygens and Fresnel.
French (1975) and Schneider (1978) introduced to the diffraction stack process
the Kirchhoff integral solution to the wave equation. When used in conjunction

with an imaging condition this becomes Kirchhoff wave-equation migration.

27



Schneider's form of the 3D Kirchhoff integral formula (Schneider's equation 5)

was derived in terms of the free surface Green's function for the wave equation:

(3.2)

P(r,t)= —2%-”‘(1/4 cosa [—a—P(I‘O,fO)‘FLP(l‘oJO)

IRlc |91 IR ]

In surface seismic applications, this relates the wavefield P(r,r) observed on the
plane z =0 to its value at a point P(rg.t,) in the earth's subsurface at an earlier
time. IR! is the distance from r, to r, ¢ is the velocity of the medium through
which the wave has travelled and cosa. is the obliquity term. When thinking of
crosshole applications, however, these definitions are inappropriate and instead
we consider the observed wavefield at a position vector r related to its value at a

position vector r, at an earlier time.

As they stand, the first and second terms in the square brackets can be
considered as the far-field and near-field terms, respectively. The near-field term
is frequently dropped in seismic applications, giving the Rayleigh-Sommerfield
diffraction formula of optics (Goodman 1968). The far-field term is also known
as the high frequency approximation, since a higher frequency will mean a
greater number of wavelengths in a set distance. Dropping the near-field term

gives:

1 cosa. d
——[fa 2 P(ro, 3.3
P(r,1) =5 [ JdA= == Pro.o) (3.3)

The operations implied by equation (3.3) are simply weighting, scaling and phase
shifting of data on a hyperboloid. Note that for surface seismics this hyperboloid
will be symmetrical about a vertical line whereas for crosshole configurations the
symmetry will be about the normal to the plane through the source and receiver
positions. The term cosa represents a directivity term which falls off from unit
value at the apex of the hyperboloid down its flanks. By considering a reflecting
surface as a series of closely spaced Huygens' secondary sources, and by analogy
with the geometrical optical case of point apertures, the necessity of this term to
deal with angular dependent amplitudes becomes apparent (Sheriff and Geldart
1983). The factor rRl|; represents a true amplitude scaling factor and can be

thought of as compensating for spherical spreading.  Differentiation of the

pressure function with respect to time, when examined in the frequency domain,
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represents a '725 phase shift together with a linear high-frequency boost. This is

commonly known as the Newman (1990) filter.

For 2-D this equation can be adapted by reducing the area integration to a line

integral (Devey 1978), and thus cylindrical symmetry. This results in:

b
S8 9 P(roto) (3.4)

P(r,t)=dem .

The square root differentiation is not defined, except in the frequency domain

where it represents a 3 phase shift and a non-linear high frequency boost (f'/2). It

can be rewritten as:

% 00
9 P(routo) = [dT F(T)P(ro:t0) (3.52)
or 0

where F(?) is the half differential operator such that

F(t)=i—1—t fort > 0. (3.5b)

dr \t

Dillon (1988) has applied this integral to the VSP configuration with non-

collinear source and receiver positions.

Using the quantities defined in Figure 3.7, the integral becomes:

cos 6 (R.+R)
= L T T . L N
P(r,1) IJ;dL, \/ﬁ{— ‘Od F( )P(ro,T+——c ) (3.6)

To convert the integral from 2-D (line-source and receiver, structure invariant
perpendicular to the plane containing the boreholes) to 2.5-D (point-source and

receiver, structure invariant perpendicular to the plane containing the boreholes),

the integral is multiplied by the amplitude correction factor (JR +R). A

further correction factor of (/R ) is needed since we are using an imaging

condition, and so must allow for the fact that the image points in crosshole are
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scatterers and their illumination (i.e. intensity of incident wavefield from source)

depends on their distance from the source. The integral becomes:

P(r.1) = [dL, cos 8, /Rf‘Rx k) M(ro,(R‘ +R')) (3.7a)
” cR, c

(Rx+R,))
c

where M(ro, = j: dTF(T)P(ro,T+M) (3.7b)
C

Apart from scalar terms, this is equivalent to Dillon's (1990) equation (4), which
forms the basis of his further comparison between Kirchhoff migration and

acoustic generalized Radon transform (GRT) migration (Miller et al. 1987).

Tangent

Y

Figure 3.7 Elliptical isochron for the traveltime from a source at s to a

scattering point x and on to a receiver at r.
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Equation (3.7) may be approximated by a summation over the receiver array L,.
Resetting the equation in terms of reflectivity and dropping scalar terms (Dillon
1990 equation 5):

Cx)=Y AL, %cos 0 R +R M(r, (3.8)
L

r

(RS+R,))

Cc

In replacing the integration by a discrete summation, we have introduced the
possibility of error if AL, is not small compared with R,. However, since the far-
field approximation has already been made, this should not be a limitation. Note
again that the summation in equation (3.8) is similar to a diffraction stack with
an obliquity factor, a wavefront spreading term and the amplitude and phase

corrections of the Newman filter being incorporated.

3.5.3 Generalised Kirchhoff migration

Findlay (1991) argued that equation (3.8) was clearly inadequate for the
crosshole geometry, since the reflectivity would be larger where R, > R, le.
nearer the receiver borehole. An expression which was symmetrical with respect
to an exchange of source and receiver arrays (i.e. the reciprocity principle)

would be preferable.

Dillon's inspiration for his 1990 paper came from a desire to correctly image
deviated well VSPs, where the source is maintainedA vertically above the down-
hole geophone at each well station. However, correct wavefield extrapolation
requires that the boundary conditions at the array of geophones satisfy the wave
equation. Although a sufficient condition is to perform the survey with a single
stationary source, a moving source deviated-well VSP fails to provide the
boundary conditions for wave-equation migration. Dillon thus derives a
generalized Kirchhoff (GK) migration algorithm from the exploding reflector
model and compares this to the GRT migration scheme which was developed to

handle any configuration of sources and geophones.

The 2D form of Dillon's (1990) GK migration summation operator is:
- R R
C(x)= E[AL, ’—R—‘ cos 6, +AL, /F’ cos BX}/R_‘_ +R M(s,ryt +1)  (3.9)
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The theory behind this operator does not satisfy the wave equation, and it is
necessary to remember this when considering the images produced by the
operator. There is also an error term which is proportional to cos¢; - cos¢, (the
angles made by the incident and reflected rays to the normal to the surface at x),
though this is very small if the zone of illumination extends beyond a few
wavelengths from x, and the geophone array and source array are extensive
enough to capture most of the scattered energy. The 2-D form of GRT migation
is given as equation (3.10), and the only difference with GK migration is the
half-angle weighting term. This would tend to discriminate against high angles

of incidence.

~ R R
C(x)zz[AL, /E‘— cos6, +AL, /R’ coses)cosz%,/Rs +R M(s,r,t +1,)

(3.10)

3.5.4 Implementation of migration

The program kirchmig was written by Findlay (1991) to carry out diffraction
stack, Kirchhoff summation (equation (3.8)), GK summation (equation (3.9))
and GRT migration (equation (3.10)). This program has formed the basis of
subsequent developments (§5.1). The program's raytracing is performed
through a horizontal layered velocity model; different horizontal and vertical
velocities can be defined to model anisotropic media. The migration plane is
covered by a user-defined grid of image points. Each image point is considered
in turn, and raytracing from each source position to the point and from each
receiver position provides a total travel time and distance travelled for each
source-receiver combination, together with the angles of take-off from source

and receiver and incidence at the image point.

For the processing of the tank data, a second raytracing method was adapted
from the method used by Leggett et al. (1993) for tomography. The program to
perform this was modified from Cassel's (1982) curved-raytacing algorithm. A
grid of cells ('boxels') is defined, each with an associated velocity. Refraction
calculations using Snell's law therefore are performed at each cell boundary. As
above, a grid of image points is considered in turn, and raytracing provides
traveltime, distance travelled and angles. This method is discussed further in
§7.5.4.
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3.5.5 Estimation of the velocity model

To estimate the velocity field for the raytracing, one can use tomographic
methods, velocities estimated from horizontal raypaths, and sonic logs and
uphole shots. The method used for each of the three datasets is different (§6.3,
§7.5.5, §8.1.2).

3.6 Factors influencing the order of the processing scheme

3.6.1 Source or receiver directivity

Should either the source or receiver display directivity, it would be preferable to
wavefield separate the data into up or downgoing wavefields prior to the
extraction of a minimum phase wavelet from the data (§3.2.1). In this way a

separate filter can be designed for the up and for the downgoing wavefields.

3.6.2 Source and receiver depths

Where the source and receiver are at very different depths, the direct wavefield
will be downgoing in the CSG or CRG whereas the reflected arrival will be
upgoing or vice versa. In this case it would be better to suppress the direct
arrival after wavefield separation, so as to preserve as much of the reflected
wavefield as possible. In fact, f-k filtering will be an effective tool for direct
arrival suppression, and further suppression may be unnecessary. When the
source and receiver are at similar depths, however, the inclusion of the direct
arrival can lead to ringing problems on application of f-k filters. A further
salient point is that direct arrivals will contain higher frequencies than reflected
arrivals which have travelled through more of the subsurface which preferentially

attenuates higher frequencies.

3.6.3 Area to be imaged

Following on from the point above (§3.6.2) about f-k filtering being an effective
tool for direct arrival suppression, this is especially true where reflections from
the area of interest are upgoing on the receivers when the direct arrival is
downgoing and vice versa. It is interesting to consider which parts of the
section this is true for. For the area of section close to the upper half of the
receiver array, the primary reflections from deeper sources are downgoing at
the receivers whereas the direct waves are upgoing. Thus these wavefields
could be separated in f-k space for each CSG. For the area close to the lower

half of the receiver array, the reflections are upgoing whereas the direct waves
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are downgoing, and f-k filtering in CSGs is effective here too (see §7.4.2). By
reciprocity, for imaging the section close to the source array, f-k filtering needs
to be carried out in common receiver gathers (CRGs). Thus f-k filtering 1s good
for removing the direct wave on seismograms where source and receiver are at

very different depths.

3.6.4 Direct arrival suppression before or after deconvolution

It has been mentioned already that it is better to perform direct arrival
suppression after waveshaping deconvolution (§3.3.1) since the direct energy
has been compressed into a narrower window and therefore less reflected energy
will be removed. This is indeed true for any method of direct wavefield
suppression. However, should the direct waveform be substantially different
from the reflected arrival, possibly due to the attenuation of higher frequencies
along the longer reflected raypaths, it may be prudent to remove the direct
wavefield prior to the design of the deconvolution filter, or to ensure that the

design of the filter is not influenced by the direct wavefield.
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Chapter IV

Imaging Capability of Crosshole Seismic Reflection

Surveying

In a crosshole survey between vertical boreholes, we would hope to image at

least that part of the section between source and receiver arrays, as well as

tapering zones above and below this area. However, we will see that the range

of dips sampled over some of the section is inadequate for satisfactory imaging.

4.1 Introduction

4.1.1 Coverage of crosshole surveys

The coverage of crosshole surveys can be explained by first considering the

reflection point locus for horizontal layers with one shot and receiver

combination. Here we are only considering upgoing reflections. This is
analogous to the CMP in traditional surface seismics (Figure 4.1).
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Figure 4.1 The reflection point locus for a single shot and receiver in an

isotropic medium. (a) Surface Seismic i.e. CMP and (b) Crosshole.
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By considering the reflection point loci for all source and receiver positions

(Figure 4.2), and by considering loci for the downgoing wave as well, which

would be Figure 4.2 inverted, the expected crosshole coverage is as shown in

Figure 4.3. Also shown is the coverage for hole-to-surface surveys which

extends out laterally from the borehole to half the distance to the furthest offset

geophone. It is possible therefore to build up continuous coverage of the

subsurface along lines of boreholes with either crosshole or hole-to-surface
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Figure 4.2 Upgoing reflection point loci for a crosshole survey in an isotropic

medium (from Findlay et al. 1991).
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Hole-to-surface coverage

Figure 4.3 Zones of coverage of crosshole and hole-to-surface surveys.

4.1.2 Image quality and dips sampled

When migrating seismic reflection data, image quality depends on the
distribution of dips sampled at each image point. To obtain an optimally
focused migrated image, our experience is that the migration aperture should
include dips of *15° relative to the local structural dip. If the local structural
dip does not lie within the sampled range, then the image is smeared into the
familiar, characteristic migration 'smiles’ (Carrion et al. 1991). For crosshole
seismic reflection surveys, the distribution of dips sampled at each image point
is controlled principally by the survey geometry, including source and receiver
array lengths and their element spacings. Here it is shown how the survey
geometry can limit imaging capability close to the boreholes and even in the
middle of the section between the boreholes. It is important to be aware of
these limitations in planning surveys and in interpreting crosshole seismic
reflection sections. An example of how the image quality of a crosshole
reflection survey from coal exploration boreholes relates to the survey

geometry is included in §8.1.

We consider here the geometric factors which govern image quality, and hence

the spatial extent of useful coverage in crosshole seismic reflection surveys.
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We shall principally discuss the range of dips sampled at image points and the
effect of the discrete element spacing in source and receiver arrays on the
distribution of dips within the sampled range. Related issues such as the
elimination of direct waves (§3.3) and the choice of migration scheme (§3.5,
§5.1) are discussed elsewhere. These factors are all critical for imaging near to
the boreholes. If the lengths of the source and receiver arrays are comparable
with (or less than) the borehole separation, then the range of dips sampled will
also be too narrow for satisfactory imaging in the middle of the section between

the boreholes.

4.2 Dip sampling at image points

For a single source and receiver in a constant velocity medium, an isolated
primary arrival might have been scattered from any point on an ellipsoid with
source and receiver positions at the foci. The cross-section in the vertical plane
through source and receiver is an ellipse (Figure 4.4), which may be called an
isochron because the sum of the traveltimes along raypaths from s to x and
from X to r is a constant for any position x on the ellipse. The tangent to the
ellipse at x defines the dip angle of a planar reflector through x which would

give rise to a specular reflection.

*

*

aLs |
*

Dip angle

Tangent

*

Figure 4.4 Elliptical isochron for the traveltime from a source at s to a

scattering point X and on to a receiver at r. (This Fig. is identical to Fig. 3.7)
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To perform Kirchhoff migration, rays are traced through a layered velocity
model from each image point to each source and receiver location to calculate
the traveltimes (see §3.5.4). From the angles with the vertical made by the
raypaths at each image point x, the dip angle sampled by that source-receiver

combination can readily be found.

Figure 4.5 shows the distribution of dips sampled by the upgoing wavefield for
part of the section in the example survey from the Lowther South site
(boreholes 3438-3437; see §8.1).

Distance from source borehole (m)
32 28 24 20

* < tu S e ee o
* L \‘ g e e
* ‘ “ “ “ - 48

Depth (m)
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\’\ \

\“‘.‘.-56

N~ ‘\““.- 60

Figure 4.5 Rose diagram showing the distribution of dips sampled at particular
image points for the upgoing reflected wavefield. The diagram is plotted for
half of the interborehole space over the depth range 40-60 m. Shot depths 10-
52m, receiver depths 12-56m, shot and receiver spacing 2m.

For this figure, both source and receiver arrays are assumed to be continuous;
the effect of discrete element spacing in each array is considered in the next
section. The GB migration scheme (§5.1) of equation (5.3) is equivalent to a
stack of migrated CSGs and CRGs, as are the GRT and GK migration schemes,
and in every migrated gather the same uniform weighting applies across the
range of dips sampled. In forming the rose diagram, therefore, the lengths of
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the diametrical lines through the centre of each rose are directly proportional to
the number of gathers which sample the corresponding dip angle. It can be
seen that the weighting tapers off naturally towards each end of the total range

of sampled dips.

Another consideration which affects the range of dips sampled at image points
is whether any restriction should be placed on the maximum allowed value of
the angle 8 between the incident and scattered raypaths (see Figure 4.4). As 6
increases, the location of the isochron surface on the depth section becomes
extremely sensitive to errors in the velocity field. Given that sedimentary rocks
are anisotropic, it is virtually impossible to find the velocity field exactly. To
prevent the quality of the image being degraded by velocity errors, one could
specify a maximum allowed value of 8; we have found it convenient instead to
specify a maximum angle which the raypaths can make with the vertical at the
image point. This limits the amount of raytracing which has to be done and is
consistent with the use of f-k filters for direct wave removal. A value of 60°

has been found to be suitable to avoid degradation of the image.

The resulting reduction in the ranges of dips sampled by the upgoing wavefield
is shown in Figure 4.6. The dip sampling, and therefore the imaging capability,
is optimum in the middle of the section around the level of the deepest source
and receiver elements. This bodes well for imaging a hydrocarbon reservoir by
means of a crosshole reflection survey between two wells which terminate at
the base of the reservoir. In such circumstances, traveltime tomography would
not be able to image the reservoir because the angular coverage of the raypaths

would be much too limited.

At the fault location (see §8.1), near the bottom of the receiver array, the range
of dips sampled is from +28° to -7°. Generally, for image points close to the
receiver array, the range is limited by the spatial extent of the source array, and
vice versa. Towards the centroid of source and receiver arrays (top right-hand
corner of Figure 4.6), the range of dips sampled becomes extremely narrow,
and the image will become similar to that which would be obtained by
reflection point mapping. This is due to the limited vertical extent of source
and receiver arrays, which are only slightly longer than the borehole separation.
We can thus see it is desirable that the ratio of source/receiver array length to
borehole separation should be 2:1 or greater for adequate imaging in this part of

the section.
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Figure 4.6 Rose diagram showing the distribution of dips sampled at the same
image points as Figure 4.5 with the additional restriction that raypaths must be
within 60° of the vertical at each image point.

For image points beyond the boreholes, no specular reflections can be received
from horizontal interfaces. Even so, there is some imaging capability there if
the local structural dip lies within the sampled range, although that would not

commonly be the case.

In Figures 4.5 and 4.6 we have only considered dips sampled at image points by
the upgoing reflected wavefield. However, it is obvious that similar rose
diagrams may be produced for that part of the section which is sampled by the
downgoing reflected wavefield. Because of the limited vertical extent of source
and receiver arrays, there is little overlap between the areas which can be

imaged by the upgoing and downgoing reflected wavefields in this example

survey.
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4.3 Effect of source and receiver spacing

In the preceding section, we examined the distribution of dips at each image
point assuming continuous source and receiver arrays, and we ignored the
effect of the spatial sampling interval. In our example survey, the source and
receiver positions were spaced at intervals of 2m within their respective arrays.
The rose diagram of Figure 4.6 is modified to take account of this in Figures
4.7 and 4.8. As before, the maximum allowed angle between the raypaths and
the vertical at each image point is 60°.

Distance from source borehole (m)
40 36 32 28 .24 20

Depth (m)

\ ] TN T T e - 60

Figure 4.7 Rose diagram showing the effect of discrete spatial sampling on the
distribution of dips sampled at the same image points as in Figure 4.6 for the

upgoing reflected wavefield.

Towards the middle of the section there are no gaps in the distribution of dips.
However, close to the boreholes there are gaps within the range of dips
sampled. This is shown in Figure 4.8, plotted on a larger scale, around the
suspected fault location adjacent to the receiver borehole. Roses are spaced 0.2
m apart vertically at distances of 1, 2 and 3m from the receiver borehole. The
gaps in the range of dips sampled at an image point are dependent on 1ts

position relative to the nearest receivers above it. They could be infilled by
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reducing the receiver spacing in the nearby borehole. Note that reducing the
source spacing would only increase the sampling density where dips are already
adequately sampled; the gaps in the dip distribution would remain. However, a
smaller source spacing would be required in order to improve the image close

to the source borehole.
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Figure 4.8 Similar rose diagram for image points spaced 0.2 m apart vertically

over a 2 m interval at distances of 1-3 m from the receiver borehole.

For image points close to either the source or receiver array, it is the
combination of spatial sampling in the near borehole and the extent of the array
in the far borehole which govern the ability to form an accurate image. Rose
diagrams such as those in Figures 4.7 and 4.8 clearly show where spatial
sampling and array lengths are adequate over the section. Where they are
inadequate, the image will inevitably be smeared, whatever is done in

processing.
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Chapter V

Advanced Processing

Two processing techniques are described here which have been developed to
enhance the image quality of migrated sections. Generalised Berryhill migration
has been developed as a full generalised Kirchhoff migration to include the near-
field term, with the aim of improving image accuracy close to the source and
receiver arrays. 3-D f-k-k filtering is an improved method of wavefield

separation for crosshole seismic data.

5.1 Generalised Berryhill Migration

Both GK and GRT migration (equations 3.9 and 3.10) methods are far-field
approximations, resulting from dropping the near-field term in the Kirchhoff
integral, which might be important for imaging close to the boreholes.
Accordingly, Rowbotham and Goulty (1993a) have adapted Berryhill's (1979)
method for wave-equation datuming to the crosshole survey geometry to yield a
generalised Berryhill (GB) migration scheme, which takes into account both the
near-field and far-field terms. This should improve the ability to image close to
source and receiver arrays, provided that the element spacing in the nearby

array is small enough.

5.1.1 A generalised Berryhill migration scheme
Starting from Kirchhoff's integral theorem, Berryhill (1979) derived the
following expression for forward extrapolation of a wavefield in two

dimensions from one datum to another through a medium of constant velocity:

U”M(I)=%ZAL,< €os ei ’1;‘— Q(t_ti) (5.1)

1

where the summation is over traces on the input datum,

AL, is the trace spacing on the input datum,
9, is the angle between the normal to the input datum and the raypath from

the input datum to the output datum,
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t. and R, are the traveltime and distance, respectively, along the raypath, and

Q(t-t,.) is obtained by convolving the trace on the input datum with the

& |(F-7)

function — — | for 1 >1,.
dt

t,

!

The expression (5.1) retains the contributions from both the near-field term and
the far-field term in the Kirchhoff integral. For migrating crosshole data in a
CSG, we extrapolate backwards in time and use the imaging principle that the
forward extrapolated wavefield from the source must be time-coincident with
the backward extrapolated wavefield from the receivers at each image point X.
To convert from 2-D to 2.5-D (§3.5.2), the summation is multiplied by the

amplitude correction factor (JR +R.). A further correction factor of (\/—R—x ) is

needed to allow for the fact that illumination of image points depends on their
distance from the source (§3.5.2). Thus we rewrite (5.1) for a CSG in the real

survey to give the following expression for the reflectivity estimate:

C.(x)=U,,(1,) =leL, cos 6, ; JR. (R +R) Q(s,ryt, +1,) (5.2)
19 .

where the subscript r refers to the receiver array, ¢, is the traveltime from the
source at s to image point X, and 7, is the traveltime from x to a receiver at r.

Q(s,r,t, +1,) is obtained by convolving the trace recorded at receiver r from

a | (-5)

source s with the function F d for t>1, and taking the value of the
t

t

r

output trace at r =17_+1 .

As discussed by Dillon (1990), reciprocity demands that both source and
receiver arrays are taken into account symmetrically in forming the reflectivity
estimate (§3.5.3). This is achieved by summing the reflectivity estimates for
all CSGs and CRGs together. Ignoring the scalar multiplier, this gives for

generalised Berryhill migration (where the summation is over all traces):
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C(x) = E(AL, cos 6,—1%-,/RS(RS +R) O(s,ryt, +1)

+ AL cos OS;—‘,/R,(R, TR) Or,s,1, +1, )) (5.3)

Note that for each input trace there are two different functions Q which have to

be evaluated independently. In the case of Q(r,s,?, +1,), the recorded trace has

%
. | (e
to be convolved with the function EZ_
t t

5

for t>1,. The calculation of

these functions represents the additional computational load over GK
migration, but this is not heavy because the operator to be convolved with the
input trace in each case may be truncated after relatively few terms without

introducing significant error (Berryhill 1979).

As for GK migration, GB migration is derived for constant velocity, with
reflectivity due to density contrasts in an acoustic medium. The reflection
coefficients in these circumstances are independent of incident angle. If

desired, a factor cos’(8/2) could be introduced into the summation as for GRT

migration, where reflectivity is due to velocity contrasts in an acoustic medium

. . ! ! .
of constant density. Dropping the terms —— and .I_QL corresponding to the

T K

reciprocal of velocity along the raypath, introduces neglible error as these only
fractionally change the weighting across the range of dips sampled. As for
GRT and GK migration, GB migration is symmetrical with respect to source
and receiver arrays, and actually amounts to a combined stack of individual

migrated CSGs plus individual migrated CRGs.

Comparisons between the results obtained using GK and GB migration are
made in §7.5.6 (tank dataset - Figure 7.33) and §8.1.3 (coal exploration dataset
- Figure 8.3). The migration program berrymig, which evolved from Findlay's

kirchmig program (§3.5.4), is included as Appendix E.

47



5.2 3-D f-k-k wavefield separation

In processing crosshole seismic reflection data, it is necessary to separate the
upgoing and downgoing primary reflected wavefields from each other and from
the direct wavefield. The problems of achieving this satisfactorily are addressed
earlier (§3.4.1). Here the use of 3-D f-k-k filters is proposed for separating the
wavefields (Rowbotham and Goulty 1993b). The complete dataset is treated as
a data volume, with each sample defined by the three coordinates of source

depth, receiver depth and time.

5.2.1 Why is it necessary?

I address the following two problems. The first is that direct arrival energy
remains in the wavefield separated gather and is imaged as coherent noise in the
migrated section (§3.4.1). One remedy for this would be to mute the direct
arrival (§3.3.1), either before or after wavefield separation; however, this step
will also remove some of the reflected energy required for imaging. Pratt and
Goulty (1991), Stewart and Marchisio (1991) and Rector et al. (1992b) have
used what they described as "common ray angle" (§3.3.4), "common interval"
and "common offset" gathers, respectively (all equating to a constant difference
between source and receiver depths), to accentuate the differential time moveout
between the direct and reflected waves. The direct arrival is then removed by
some type of multichannel filter designed to attenuate arrivals with zero
moveout. However, these methods are not ideal for the smaller datasets used in
this study (§3.2.4).

The second problem is that, although wavefield separated CSGs appear to
contain coherent reflected events, the coherency is much lower if the same traces
are viewed in CRGs. Similarly, if wavefield separation is carried out in CRGs,
then the CSGs are much less coherent. This may be due to the presence of
multiples, direct shear arrivals and mode-converted events. Rector et al. (1992a,
1992b) overcame this second problem by filtering in multiple domains.
Following the removal of the direct wavefield in common offset space, two
copies of the data were made; one was retained in CSGs and the other was
sorted into CRGs. The two sets of gathers were processed to attenuate
reflections from horizontal locations near the common variable well, prior to 2-
D f-k filtering for wavefield separation. The final stacked section (Lazaratos et
al. 1992) was then a combination of the two datasets, with CSGs imaging the

48



half of the interborehole space near the receiver borehole and CRGs imaging the

half near the source borehole.

5.2.2 The method

I take the next logical step by applying a one-pass f-k-k wavefield separation
filter to the whole dataset from a crosshole seismic survey. In effect, the method
is almost equivalent to two-pass 2-D f-k filtering, in both CSGs and CRGs.
However, visualization of the dataset as a 3-D volume provides a valuable
insight and, as a practical matter, transformation into f-k-k space allows the filter

tapers to be selected optimally.

Previously, f-k-k methods have only been used for conventional geometries, i.e.
two orthogonal spatial axes and a time axis (e.g. Peardon and Bacon 1992).
However, there is no reason why the f-k-k technique cannot be extended to the
crosshole geometry with source depth and receiver depth as the independent
spatial variables (indeed, stacking diagrams utilize this concept in plotting source
and receiver positions along different axes, even though they are collinear). In
the crosshole case, where the arrays are parallel, we may envisage the data as a
volume with the source depth (s) and receiver depth (r) axes as being orthogonal
to each other and to the time () axis. Upon 3-D Fourier transformation, the

data are transformed from s-r-f space to f-k-k, space, where f is temporal
frequency, k, is wavenumber corresponding to the s-axis, and k, wavenumber
corresponding to the r-axis. We can then select any volume of the data in f-k-k

space in a one-pass filtering operation.

5.2.3 Viewing the wavefields in 3-D

Let us first consider the direct wavefield and the upgoing reflected wavefield
from a single horizontal interface between two vertical boreholes, within a
medium of constant velocity V (Figure 5.1). In s-r-t space (Figure 5.2), a slice
at constant source depth will give a CSG, and one at constant receiver depth will
give a CRG. The direct and reflected waves can be graphically represented as
the surfaces in Figure 5.2. The surfaces meet where the source or receiver is
positioned at the reflector, i.e., where source or receiver depth is 30m, since

direct and reflected traveltime will be equal.
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Figure 5.1 Direct and upgoing reflected raypaths from a horizontal interface

between two vertical boreholes, within a medium of constant velocity V.

/\\

Traveltime (ms)

Figure 5.2 The direct and upgoing reflected wavefields from the simple case of

Figure 5.1 can be graphically represented as surfaces in s-r-f space.
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A plane wave in s-r-t space will be represented in f-k-k space by a vector
through the origin with slope equal to the apparent velocity of the arrival. For
the simple circumstances under consideration, the direct wavefield transforms
into the plane k =—k, in f-k-k space (Figure 5.3). The upgoing reflected
wavefield lies in the plane k, = k,, in one quadrant of the f-k-k domain. Likewise
a downgoing reflection will lie in the same plane but in the opposite quadrant.
For a dipping reflector, the reflected wavefield would lie to one side of the

k. =k, plane, but still in the same quadrant. Head waves will also lie in these

quadrants, having similar moveout characteristics to reflected arrivals.
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Figure 5.3 The direct wavefield transforms into the plane k = -k, in f-k-k
space. The upgoing reflected wavefield lies in the plane k, =k, , in one quadrant

of the f-k-k domain. Likewise a downgoing reflection will lie in the same plane
but in the opposite quadrant.

Raypaths for the strongest multiples in crosshole data undergo two reflections.
They will be either up or downgoing at both source and receiver, and so will lie

in the same quadrants as the direct waves, around the k = -k, plane. Clearly,

direct shear waves will also lie in the same two quadrants.

5.2.4 Filter design
The traveltime minimum of the reflected wavefield surface occurs when both the

source and receiver are at the interface depth. Here both the direct and reflected
raypaths are horizontal, corresponding to k, =k, =0 (infinite apparent velocity).
However, for depth migration we have found it convenient to specify a

maximum angle which raypaths can make to the vertical at the image point. This
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is because the calculated location of the reflecting point is extremely sensitive to
velocity errors for large values of incident angle; hence, if such raypaths are
included, the quality of the migrated image is liable to be degraded (Rowbotham
and Goulty 1993a, Qin and Schuster 1993). A maximum angle to the vertical of
60 degrees has been found to be suitable for this purpose. The minimum
possible value of k, and k, for any frequency f is then f/2V, with the maximum
value being f/V, corresponding to vertical raypaths across the source and
receiver arrays, respectively.

(a) (b)

kr {fm)
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Figure 5.4 (a) Full-pass region of the filter for the upgoing primary reflected
events (tapers not shown for clarity). (b) Frequency slice of the filter pass
region at 250Hz plotted with a linear amplitude scale (i.e. constant contour

interval).

Thus in 3-D f-k-k space, the part of the upgoing wavefield which we wish to use
for imaging is defined by k =k, values lying between f/V and f/2V. Following
the advice of Stewart (1989) and Peardon and Bacon (1992), one-pass filtering
in f-k-k space is preferred over two-pass filtering with successive fan-shaped
filters in f-k, and f-k, space. Although in practical terms the difference is
minimal, a smoother pass volume is defined, especially in the tapered zones at
the corner of the volume. As in 2-D filtering, tapers are necessary to prevent
ringing upon transformation back into s-r-t space. The full-pass region of the
filter for the upgoing primary of the reflected wavefield is shown in Figure 5.4a
(tapers not shown for clarity) and a frequency slice at 250Hz is shown in Figure

5.4b (tapers shown). The reject region contains the primary downgoing
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wavefield, both compressional and shear direct waves, and the strongest

multiples.

The program xhr3 (Appendix D) was written to perform f-k-k filtering. Figure
5.5 shows an example data volume pre- and post-filtering. Notice that it is

dominated by the direct energy along the k, = —k, axis. This has been muted in

the filtering. The f-k-k technique has been used for filtering the physical model
and one of the Coal Measures datasets used in this study, and the results are
presented in §7.4.3 and §8.2. They show that the use of 3D f-k-k filtering has
made the muting of direct arrivals in the time domain superfluous, since the
separation of direct and reflected wavefields and of up and downgoing

reflections is achieved in one operation.

(a) (b)

Figure 5.5 The data volume transformed into the f-k-k domain, and depicted as
f-slice plots with a linear amplitude scale: (a) before filtering, and (b) after 3-D
f-k-k filtering.
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Chapter VI

Groningen

This chapter covers the imaging of a common source gather from a crosswell

survey in the Groningen gas field.

6.1 Introduction

A crosswell survey in the Groningen gas field was acquired by Seres a/s of
Trondheim (Vaage and Ziolkowski 1992). A schematic cross section between

the deviated wells used in the experiment is included as Figure 6.1.

Depth(m)

1500+

i

Receivers

v

Figure 6.1 Source and receiver positions with the interpretation of the inter-
well geology based on Schlumberger logs and knowledge of the general

geological setting of the area.
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The source was at 2350m depth with receivers in Triassic and Zechstein strata
from 2233-2606m depth. The wells deviated away from each other over this gather
from approximately 300m well separation at the top receiver, to 330m at the bottom

receiver position.

6.2 Data examples

As explained in §2.1.2, six common source and receiver gathers were acquired

during this experiment, of which only one common source gather of 125 records

provided decent coverage. For completeness, the four CRGs are included as
Figures 6.2(a)-(d).

ST EEEE

e e R e peyoRy

Figure 6.2 CRGs at depths (a) 2453m. (b) 2456m. (c) 2503m. (d) 2506m.
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6.2.1 Arrivals in the smaller gathers

The common source gather from 2350m depth with 1m receiver spacing (Figure
6.3) provides detail of the wavefield as the receiver passes through the anhydrite
at 2519m depth (Figure 6.1), although this is of limited use for imaging.
However, it does make apparent the receiver cable stretch of 6m (§2.1.2), such
that the interface appears instead at 2513m receiver depth. Head waves can be
seen as the first arrivals above this top anhydrite interface, and there is some
indication of reflected energy from the interface.
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Figure 6.3 CSG from 2350m depth.

Tube wave energy is of high amplitude in these gathers, although it arrives at a
later time to that displayed in Figures 6.2 and 6.3, suggesting that a temporal
mute can be applied without risk of attenuating the earlier reflected energy. The
tube wave can be seen by plotting the traces from the CRG at 2453m depth
(Figure 6.2a) on a longer time-scale (Figure 6.4a). On the f-k spectrum of the
gather (Figure 6.4b), the tube wave energy is seen to be aliased with an apparent
velocity of about 1600m/s.
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Figure 6.4 (a) CRG from 2453m depth.
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Figure 6.4 (b) F-k spectrum of this CRG, showing tube wave energy, with an
apparent velocity of 1600nvs, aliased above 800Hz.
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6.2.2 Arrivals in the gather used for imaging
The 125-trace CSG is displayed in Figure 6.5. The received signal had a broad
bandwidth of 300-1500Hz, with a pronounced peak around 960Hz (Figure 6.6).
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Figure 6.5 CSG from 2350m depth.
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Figure 6.6 Amplitude spectrum of traces 1 (upper trace) and 63 (lower trace)
from the CSG at 2350m depth.

To show more detail of the earlier arrivals, this has also been plotted on shorter
time-scales as two separate CSGs of 63 and 62 records (2233-2419m, 2423-
2606m depth) (Figures 6.7 and 6.8), the separation being where irregular

spacing occurred within the gather.

Several arrivals are observed in these data, leading to some interesting
observations about the physical properties of the media being travelled through.
Firstly, two reflections are prominent with a frequency content around 1kHz,
coming from the anhydrite layer at 2519m depth and from a thin layer near the
Top Zechstein (2429m), which corresponds to an increase on the density log.
There are also weaker reflections from another interface within the Zechstein at
around 2471m depth, and possibly from Top Zechstein at 2390m depth. The
reason why a prominent reflection is not expected from the Top Zechstein
interface (Triassic Bunter Sandstone passing to Permian Halite) is that the
density of the halite is less than that of the sandstone even though the velocity
may be higher. The anhydrite layers within the Zechstein have a strong
impedance contrast with the surrounding halite as both their density and acoustic

velocity are greater.
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Figure 6.7 CSG from 2350m depth with receivers at depths 2233-2419m.
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Figure 6.8 CSG from 2350m depth with receivers at depths 2423-2606m.
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No strong reflected trough is seen from the base of the larger anhydrite layer to
match the large amplitude peak from the top, even though the impedance
contrasts should be similar but of opposite sign. However, this is consistent
with the large refractive effects expected at the top of a high velocity layer and
with the post-criticality at the upper surface of the anhydrite (Figure 6.13).

Raytracing modelling of this CSG has been performed by Vaage (personal
communication) and from these a reflection from the top of the Rotliegend
reservoir (depth ~2700m) is interpreted as arriving on traces from depths 2554-
2606m between sample 700 on the lowest trace to sample 740 at the base of the
anhydrite (Figure 6.5). Processing to migrate this energy has been attempted,
though this proved unsuccessful because of the lack of constraints available,
such as knowledge of the velocities lower down in the section and lack of

effective coverage provided by just one CSG.

The direct and reflected arrivals are low amplitude in a zone in the depth range
2341-2395m (Figures 6.5 and 6.7), and normalisation of the traces does not
amplify them because of the later tube waves. For processing this data it is a
simple matter to mute the tube waves before reapplying normalisation, as the
tube waves do not interfere with the reflected arrivals in z-f space. As the pre-
first-break noise levels of these traces are comparable to others in the gather, it
is not thought that the amplitudes have been altered significantly prior to the

data arriving in Durham.

It is suggested that the shadow zone occurs at depths within the Bunter
Sandstone, whereas the amplitudes recover lower down once the receivers pass
into the salt. This agrees with the interpreted reflection from 2390m at the Top
Zechstein boundary. It is not known what causes this shadow zone, though it
could be due to poor coupling between the borehole casing and the formation.
However, the cement bond log on the Schlumberger Array Sonic tool showed
the receiver well to be well cemented, and it is interesting to note that the tube

wave amplitudes have not been affected at this depth.
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Figure 6.9 CSG from 2350m depth with receivers at depths 2395-2456m.
Anhydrite layer interpreted to be at 2429m depth.

The anhydrite layer at 2429m depth has been interpreted as being 5m thick from
gamma ray and density logs run in the receiver borehole. Since refraction in the
lower anhydrite layer generates head waves (§6.2.1; Figures 6.3 and 6.8), the
possibility of channelling by this shallower thin layer exists. Traces around the
layer have been plotted in Figure 6.9. Although not at first apparent, the high-
frequency low-amplitude arrival ahead of the direct arrival at traveltime 78ms
(391 samples) on traces at depths 2426m and 2429m is thought to be channelled
energy. This energy is not spiked successfully by the waveshaping method used
in §6.3. However, thin layers will preferentially channel energy of higher
frequency than the direct arrival, since lower frequencies will 'see’ the thin layer
as thinner than the high frequencies. The layer will 'leak’ head waves, hence the

low amplitude.

It is interesting to note that the moveout of the direct arrivals is slightly less
steep below this thin anhydrite layer than above it (Figure 6.5), implying a
velocity inversion, with the halite above the layer having a higher velocity than
that below. This behaviour implies that the anhydrite layer is continuous and

locally extensive enough to form a barrier to communication between the two

halite layers.
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6.3 Processing and Results

A standard crosshole reflection processing scheme was applied to these data -
waveshaping deconvolution, wavefield separation and migration (see Chapter 2).
A single direct arrival was extracted from those traces where the direct arrival was
discernible by aligning the direct arrival energy and stacking the traces. Using this
wavelet as input (§3.2.2), an optimum Wiener shaping filter was designed, with a
zero-phase Butterworth wavelet as the desired output, with a signal bandwidth of
300-1500 Hz, and applied to the data.

As transformation into the f-k domain requires regular trace spacing, the data
were transformed in the two separate gathers before being migrated together.
The later arriving tube waves were removed by tapering the traces. To prevent
ringing in the f-k spectra upon transformation, a spatial taper was applied to the
deepest and shallowest traces of both halves of the gather to smooth the steps in
amplitude at the edge traces. Of primary interest was the upgoing wavefield, since
the target interfaces were located below the shot depth. The downgoing migrated

image (not shown) displayed little coherent reflectance.

Several processing sequences were performed on the data prior to migration to
compare their merits in the final depth migrated sections. It was found that applying
an AGC to the data after wavefield separation and before migration improved the
migrated section, especially above the Top Zechstein reflector where the first arrivals
were weak. The deconvolved upgoing wavefield was then migrated using the
GK migration algorithm (§3.5.3) to produce Figure 6.10. It should be noted that
GK migration reduces to Kirchhoff wave-equation migration for a single CSG - an
experiment that obeys the wave equation. A simple two-layer velocity model was
constructed by integrating information provided on the interpreted geological
cross section (Figure 6.1), the direct arrival traveltimes and receiver positions,

and by knowledge of the expected depth of the reflectors from the CSG.

The migrated depth section (Figures 6.10 and 6.11) shows good imaging of the
strong reflections from the sloping thin anhydrite layer and from the anhydrite
layer at 2519m depth', and of the weaker Top Zechstein (2390m) and sloping
reflection (trough) at 2471m. The two anhydrite reflected arrivals in the CSG both
had sharp cut-offs, producing good coherent reflectors over about half the

theoretical ray-traced coverage.

INo correction has been applied for cable stretch - see §2.1.2.
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Figure 6.10 Migrated depth section of the CSG from 2350m depth. Migration
velocity field also displayed. Trace spacing - 5Sm. SEG reverse polarity
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Figure 6.11 Partial migrated depth section of the CSG from 2350m depth.
Migration velocity field also displayed. Trace spacing - 2m.

The anhydrite layer is known to have a normal fault with a throw of around 20m

located between the two wells. The termination of the top anhydrite reflector at
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2519m provides a lower limit for how close the fault could be to the receiver
well (Figure 6.12).
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Figure 6.12 A simple ray diagram to show how the termination of the top
anhydrite reflector provides a lower limit to how close the fault can be to the

receiver borehole.

By raytracing, it has also been found that this termination may mark the
transition from high amplitude post-critical reflections to lower amplitude pre-
critical reflections (Tooley et al. 1965) (Figure 6.13).
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Figure 6.13 A simple ray diagram to show how the termination of the top
anhydrite reflector could be due to the transition from post-critical to sub-critical

reflections.
To confirm which of these is the cause of the termination, and of the termination

of the reflector above, it would be necessary to acquire several common-shot

gathers from widely spaced source locations in the left hand well.
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Chapter VII
Physical Model Data

A crosshole survey with 51 source and 51 receiver positions was performed
through a model using Durham University's physical modelling system. Here the
datasets are described, and the successes and failures of various processing

schemes discussed.

The acquisition of this dataset is described in §2.2. To recap, the model is made
of seven layers of epoxy resin, it is 46.5mm wide, and the pre- and post-flood
models were identical except for the inclusion of a low velocity flood zone in the
'reservoir' layer. Source and receiver spacing was 2.5mm, and the sampling
interval was 250ps. All dimensions were scaled by a factor of 1000 to represent

the case for real data (i.e. mm to m, ms to s).

7.1 Previous Work using these Datasets

These datasets have been subjected to full waveform inversion schemes, such as
diffraction stack migration and frequency-domain acoustic and elastic wave
equation imaging (Pratt and Goulty 1991, Pratt et al. 1991). The data have also
been subjected to GRT imaging (Li and Worthington 1990). Traveltime
tomography was used to provide the initial velocity field to be used for both
imaging methods. However, to prevent errors in the tomographic stage feeding
through to the later stages of processing, the known geometry and velocities

were used to raytrace through.

Both traveltime and amplitude tomography have been performed on these data
(Leggett 1992, Leggett et al. 1993); in that work, an initial estimate of the pre-
flood velocity model was derived as if calibrated sonic logs had been run in both
wells, this being a more realistic simulation of a real crosshole experiment. It
was found that the velocity tomograms imaged the flood zone quite accurately,
whereas amplitude tomography imaged the flood zone less precisely as an area

of higher absorption.
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7.2 Arrivals in the Wavefield

Figure 7.1 shows CRG 19 (depth 45m) from the post-flood model as a
deconvolved gather with an agc of window length 50 samples applied to enhance
the later arrivals. Figure 7.2 is an expanded view of the traces around the flood
zone. Arrivals are labelled with letters. The characteristics of the arrivals are
largely in accordance with those observed in datasets acquired at a West Texas
carbonate reservoir (Van Schaack et al. 1992) and at the Devine test site in
Texas (Smith et al. 1993).

7.2.1 P-wave Direct (Pd)
This is a high amplitude arrival, and its characteristics can be noted from the

source signature approximation derived for deconvolution purposes (e.g. Figure
7.7). As noted by Leggett (1992), multi-pathing of the direct arrival around
sharp corners of the flood zone occurs, and is not compensated for by the

raytracing program. This effect is not clearly observed in CRG 19.
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Figure 7.1 Post-flood CRG 19 deconvolved to zero-phase with arrivals marked
(agc applied with window length of 50 samples). Position of R19 marked.
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Figure 7.2 Expanded view of Figure 7.1. Position of R19 marked.

7.2.2 S-wave Direct (Sd)

This arrival is visible at low amplitude in the raw gather, but is greatly amplified
by the AGC post-deconvolution as it lies outside the 50 sample window around
the direct arrival. It interferes with the P-wave reflected arrivals on certain
gathers, and will therefore be seen as noise in migrated images if not removed
(see §7.4.1). The S-wave reflected arrivals could also be used for reflection
imaging, though it was not considered worthwhile for such low amplitude

arrivals.

7.2.3 P-wave Reflected

These arrivals are only noticeable in the raw data by paying attention to the
variations in waveform of the direct arrival from trace to trace caused by
interference with reflected arrivals. In the deconvolved data, the reflected
events can be discerned by comparing moveouts with the direct arrival

moveouts. They are seen much more clearly after wavefield separation when the

direct wave has been removed (§7.4).
7.2.4 P-S converted wave (PS)

An arrival with S-wave velocity originates from the intersection of the P direct
arrival with the top of the flood zone at 37.5m depth (Figure 7.2). It is
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interesting to note that this arrival would be passed in 2-D f-k filtering
performed in CRGs (§7.4.1) since the arrival would have the moveout of a P-
wave, whereas in CSGs it would lie outside the pass fan with the S-wave
velocity. In 3-D f-k-k filtering (§7.4.3), the arrival would be muted.

7.2.5 P Head wave (Ph)

These can be seen arriving ahead of the high amplitude direct arrival which has
travelled through the low-velocity flood zone. A sketch of the interpreted
arrivals and raypaths is given in Figure 7.3. This interpretation can be checked
by calculating the traveltime differentials of the raypaths. As first arrivals, these
will cause problems if picked as direct arrivals for tomography, and in fact it is
thought that the images obtained by Leggett et al. (1993) suffered from this.
Head waves will tend to produce exaggerated tomographic estimates of velocity
and attenuation locally since they have earlier traveltimes and lower amplitudes

than the following direct arrivals.

Direct ¢
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% % % % ¥ o o o o % *

Figure 7.3 Sketch of interpreted direct and head wave raypaths in the region of
the flood zone (FZ).

7.3 Processing - Removal of the direct wavefield

In many respects, the tank data proved more difficult to process than the field
data, despite the advantages of having a known geometry and no anisotropy.
The first and foremost reason for this was the relatively high amplitude and
length of the direct arrival, which prevented any reflected arrivals being

identified in the raw data. The reason for the predominance of the direct
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wavefield over the reflected wavefield was the weaker impedance contrasts of
the interfaces in the epoxy resin models than in the real geological strata. The
first task of processing was then the removal of the direct wavefield, to leave the

reflected (scattered) wavefield. Several schemes have been tried.

7.3.1 Shaping and muting

The first method used was the basic one of shaping the source signature to zero
phase and then muting it. For shaping, the simplest method involved using an
averaged direct arrival through water, i.e. no model present, as input for
designing an optimum Wiener shaping filter. The desired output was a zero-
phase Butterworth wavelet with a signal bandwidth of 150-600Hz (Figure 7.4).
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Figure 7.4 From top: source signature obtained by aligning and stacking wave

through water, desired Butterworth output, deconvolution filter, actual output.

Choosing the desired output to be a zero-phase wavelet with the same amplitude
spectrum as the source signature was also tried (Figure 7.5) to counter the
ringing effects of a notch at 250Hz in the amplitude spectrum of the data. This
was the method used by Leggett et al. (1993) for shaping the direct arrivals to a

peak prior to first break picking for traveltime tomography.
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Figure 7.5 From top: source signature obtained by aligning and stacking wave
through water, desired output with same amplitude spectrum as input spectrum,

deconvolution filter, actual output.
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Figure 7.6 Amplitude spectra of the averaged direct arrival through water (top
spectrum) and through the model (bottom spectrum).
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These methods were found to be unsuitable for deconvolving the data because
the arrivals passing through the model were of different shape to those passing
through water alone, due to preferential attenuation of higher frequencies during
passage through the model (Figure 7.6). By comparing the averaged direct
arrival through water with the averaged direct arrival through the model (Figure
7.7), it is apparent that the relative amplitudes of the distinctive triplet of peaks
has been changed by passage through the model. As a test, the filter designed
with the water wavelet as input (Figure 7.4) has been applied to the wavelet
through the model to produce the bottom trace in Figure 7.7. The filter has
failed to bring all the energy of trailing peaks into the initial peak, and the peak
is delayed behind the first break (sample 60). This is as expected since
attenuation of the higher frequencies would cause a pulse to broaden and
attenuation is causal. Applying the filter to the raw data can be seen to produce
the same effects (Figure 7.8), with the initial peak behind the first break (marked

with a dot), and later energy mimicking the moveout of the first arrival.
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Figure 7.7 Input wavelet from aligning and stacking direct arrival through
water (top), through model (middle), result of applying filter (bottom), designed
with water wavelet (Figure 7.4), to model wavelet.
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Figure 7.8 CRG 9 deconvolved using the filter in Figure 7.4.

Instead, an input wavelet was obtained by aligning and stacking the direct
arrivals over a range of take-off angles through the model. Since stacking tends
to attenuate high frequencies, the number of traces stacked was kept to the
minimum necessary to give a good representative wavelet. This wavelet had a
larger notch at 250Hz than the water wavelet and so both methods of defining an
output wavelet used above (Butterworth wavelet and input amplitude spectrum

= output amplitude spectrum) were tried (Figures 7.9 and 7.10).

It is evident that the 250Hz ringing due to the amplitude spectrum notch is more
of a problem for this second input wavelet (compare Figures 7.4 and 7.9). The
designed filter has had to inject more response at this frequency to achieve the
desired output, resulting in ringing in the output wavelet at this frequency and
hence difficulty in applying a mute to the direct arrival. The remedy suggested
by Hatton et al. (1988) of adding in more white noise (the previous spectra

having 2% white noise added) did not remove the ringing completely.
After each of the above shaping schemes, the direct arrival energy was muted

out by applying a tapered mute after the picked first breaks. However, this

muting scheme was limited in its usefulness because of the zero-phase wavelets:-
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Figure 7.9 From top: input wavelet from aligning and stacking direct arrival

through model, desired Butterworth output, deconvolution filter, actual output.
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Figure 7.10 From top: input wavelet from aligning and stacking direct arrival
through model, desired output with same amplitude spectrum as input spectrum,

deconvolution filter, actual output.
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e the filters designed using the arrivals through the water (Figures 7.4 and 7.5)
left secondary peaks in the data.

e where the output amplitude spectrum was equated to the input spectrum
(Figures 7.5 and 7.10), the output wavelet comprises a central peak with two
prominent side lobes on each side.

e using a Butterworth as output (Figure 7.4 and 7.9) produced ringing at 250Hz,

this being worse for the input trace derived through the model.

As a consequence, merely muting past the first break will prove inadequate for
removing the direct arrival, unless a large mute past the first arrival is used to
capture the two side lobes or the ringing also. This will also mute the reflected
arrivals to an unacceptable degree. An alternative method of direct arrival

removal was necessary.

7.3.2 Shaping to maximum phase, muting and inverse maximum phasing.

A novel method of maximum phasing before mute was tried, but proved
unsatisfactory. Using the aligned direct arrival as a known wavelet in the
seismogram, and making the minimum phase assumption, the spiking
deconvolution filter for this wavelet was calculated. As this is the exact inverse
of the minimum delay wavelet, it was inverted to give the minimum delay
wavelet. By subtracting the phase spectra of the known wavelet and the
minimum delay wavelet from that of the seismogram (Figure 7.11), the known
wavelet was turned into a maximum phase wavelet in the seismogram (Figure
7.12). Note that if the phase spectrum of the minimum phase wavelet had been
added instead of subtracted, the result would have been a minimum phase

wavelet in the seismogram (Figure 7.11).

raw data align known wavelet Invert spiking Min-delay wavelet]
decon filter

stack

[ Phase spectrum ( Phase spectrum| (Phase spectrum)
-~

subtract
subtract add

Phase spectrum Phase spectrum
of max delay wavelet of min delay wavelet
in the seismogram in the seismogram

Figure 7.11 Flow chart of the maximum phasing philosophy.
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Figure 7.12 Maximum phasing. From bottom: minimum phase source wavelet,
source wavelet from aligning and stacking direct wave, example raw trace -
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Figure 7.13 Inverse maximum phasing. From bottom: minimum phase source

wavelet, source wavelet from aligning and stacking direct wave, example max-

phased trace following muting, muted trace following inverse max-phasing.
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The advantages of the maximum phase wavelet are clear. With the energy being
greatest towards the end of the arrival with a low energy tail preceding it, it
should be possible to mute just past the peak of the direct arrival, so removing
the direct arrival energy and catching only the low energy tail of the reflected
arrival. The inverse of the maximum phasing process was then performed
(Figures 7.13 and 7.14), i.e. the phase spectra of the known wavelet and of the
minimum-delay wavelet were added to the phase spectrum of the muted
maximum-phased seismogram. It is also possible to zero phase the data by

removing the influence of the phase spectrum of the minimum phase wavelet.

| max phase |

mute

| inverse max phase] to zero phase |

Figure 7.14 Scheme for direct wave removal by maximum phasing.
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Figure 7.15 Raw data - example CRG from receiver 9 at depth 20m.

The results of max-phasing, muting and inverse max-phasing are illustrated with
an example CRG from receiver 9 (depth 20m) in Figures 7.15 and 7.16. At first
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sight, the process has done a good job of removing the direct wave. However,
several problems have arisen:-

e Upon closer inspection of the top two traces in Figure 7.12, it can be seen that
residual direct energy has been left to the right of the first break upon max-
phasing. It has therefore been necessary to mute past the first break to remove
all the direct energy, and, as before, this will result in some reflected energy
being removed. This is evidently the case in Figure 7.16, where the effect of the
mute in removing energy past the first break is clearly seen.

e Several events can still be seen with the same moveout as the first breaks, e.g.
a peak arriving 11.25ms (45 samples) after the first break, and high amplitudes
on traces 1-10 arriving 3.75ms (15 samples) later.

® The process has introduced high frequency noise.

e A further problem is that the max-phasing technique cannot be employed for
removing the shear wave arrivals, which have become prominent following the

removal of the direct P-waves (Figure 7.16).
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Figure 7.16 CRG 9 following max-phasing, muting and inverse max-phasing.

7.3.3 Common Ray Angle Gather

The method used by Pratt and Goulty (1991), processing the same dataset, was
then tested. This method has been discussed in detail in §3.2.4 and §3.3.4. In
order to estimate the direct wavefield, they regathered the data into common ray

angle gathers (CRAGs), this reorganisation of the data allowing scattered (i.e.
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reflected) and direct arrivals to be discriminated on the basis of time moveout.
For each trace that was to be operated on, 11 common ray-angle gathers were
selected (Figure 7.17).

Given trace Given trace

Figure 7.17 Traces contributing to the common ray angle gather - (a) Given ray
trace and ten adjacent traces with same ray angle. (b) Given ray trace and four
adjacent traces from same gather. These five traces are included from each

gather in (a).
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Figure 7.18 CRG 9 - direct wavefield estimate from CRAG (compare with
Figure 7.15).
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These were the gathers containing the given trace and the five adjacent ones on
either side. From each of these gathers, five traces were selected: the traces
with the same ray angle as the given trace, and the two traces on either side.
Thus a total of 55 input traces were used for each output trace (except at the
edges of the survey). The direct arrival first breaks were aligned and averaged
by means of a running mean filter. This then gave an estimate of the direct

wavefield for all 2601 traces (Figure 7.18).

This direct wave estimate provided a robust way of deconvolving the data. A
Wiener shaping filter was computed and applied for each trace in the raw
wavefield by using the equivalent estimate of the direct arrival as input (see
§3.2.4). The desired output was a zero phase wavelet with the same amplitude

spectrum as the input wave. The deconvolved data are shown in Figure 7.19.
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Figure 7.19 CRG 9 - trace-by-trace zero-phase deconvolved using direct

wavefield estimate in Figure 7.18 as input.

Having deconvolved the data, two schemes for removing the direct wavefield
were tried. These have been discussed in §3.3.4 and are illustrated in Figures
3.3 and 3.4. The second of these schemes produced the gather in Figure 7.20.
The CRAG method was a great improvement on the methods for direct
wavefield removal discussed previously, especially as it avoided all use of muting

which had removed the desired reflected arrivals in previous methods. However,
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Figure 7.20 CRG 9 - zero-phase reflected wavefield obtained by subtracting
zero-phase CRAG wavefield from zero-phase total wavefield (see Figure 3.4).
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Figure 7.21 CRG 9 for the post-flood - trace-by-trace zero-phase deconvolved

using pre-flood direct wavefield estimate in Figure 7.18 as input.
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high-cut filtering and a short mute may be considered necessary for removing the
high frequency noise and the noise around the first break where the direct

wavefield has not been perfectly removed in Figure 7.20.

The CRAG method is less successful for the post-flood data because of the
inconsistency of adjacent traces around the flood zone. This is partly due to
high attenuation and partly due to multipathing of the direct arrival. This
propagates through the processing sequence to produce ringing when the shot or
receiver is located in the proximity of the flood zone. The situation is greatly
improved by using the pre-flood CRAG data for deconvolving the post-flood
data (Figure 7.21). The effect of multipathing in the flood zone could be
removed by applying a severe mute before migration for sources positioned
adjacent to the flood zone. This will mean that the reflector segments adjacent
to the source array and bounding the flood zone will not be imaged from within

the zone. However, these segments will be imaged from above/below the zone.

7.3.4 Deconvolution only (Direct removed by Wavefield Separation)

This was the preferred method of deconvolution. It is noted that the CRAG
trace-by-trace deconvolution scheme above, is ray angle specific to rays
travelling in a straight line between source and receiver, and hence inappropriate

for scattered arrivals which could arrive at the receiver at any angle. Instead, a
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Figure 7.22 Zero-phase deconvolved CRG 9. Compare with the raw gather in
Figure 7.15.
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deconvolution filter was designed for the measured source signature through the
model averaged over a range of take-off angles (as done in §7.3.1), as the
transducers did not display much directivity. However, directivity effects could
also be accounted for by applying a directional deconvolution filter in the f-k
domain (Hubbard et al. 1984), or in the f-k -k, domain. The desired output was
a 150-500Hz Butterworth wavelet. The direct arrival was removed by wavefield

separation (§7.4.3). A deconvolved pre-flood gather is shown as Figure 7.22.

7.4 Processing - Wavefield separation

7.4.1 2-D f-k filtering

The basic method for wavefield separation described in §3.4 was the first to be
tested. The data were transformed in CRGs to the f-k domain, following spatial
tapering of the edge traces. Pie slice filters were applied to extract the upgoing
and downgoing wavefields. Before transformation back to the x-+ domain, edge
wavenumbers were tapered. Time and frequency tapers were unnecessary (see
§3.4.2).
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Figure 7.23 CRG 9 following wavefield separation by 2-D f-k filtering of zero-
phase reflected wavefield in CRGs (Figure 7.22).
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Several problems were encountered with this method. 2-D f-k filtering is a non-
reciprocal process. Simply put, f-k filtering in CSGs is not equivalent to f-k
filtering in CRGs. The effect of this is to produce non-symmetry of image
quality in the final migrated sections. The upgoing wavefield (Figure 7.23),
separated in CRGs, is re-sorted into CSGs, where the non-reciprocity becomes
apparent (Figure 7.24), and reflected arrivals are much less clear. The migrated
image will therefore be better resolved on the shot array side of the image which
is imaged by the CRGs, whereas the receiver array side of the image, imaged by

the CSGs, shows poor imaging.
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Figure 7.24 CSG 9 following wavefield separation of zero-phase reflected

wavefield in CRGs (compare with Figure 7.23).

Performing f-k filtering in CRGs followed by resorting and f-k filtering in CSGs
may be thought to be the solution to this problem. Alternatively, processing in
CRGs to image the shot side of the image, and in CSGs to image the receiver
side could be considered (§7.4.2). However, 3-D f-k-k filtering is presented as a

more satisfactory solution (§7.4.3).

A further problem with 2-D f-k filtering has been highlighted when the separated
CRGs are displayed in CSGs. In Figure 7.24, the S-wave arrival has become
more apparent, and by comparing back to Figure 7.23, it is clear that S-wave

direct arrivals have been caught up in the f-k filter and are interfering with the
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reflections from about 60-70m depth (see §5.2.1 for discussion of why
downgoing waves are seen in the CSGs). It would not be possible to remove the
S-waves by raising the low-cut velocity of the pass region as the S arrivals have
a range of apparent velocities up to infinity in the crosshole case. The S-waves
will appear as curving noise on the migrated depth sections at depths 50-60m
below the receiver location, and on the receiver side of the section. The noise is
curving since the S-wave has a lower apparent velocity than the reflection at the
same position in x-7 space. This is shown in Figure 7.25 where only the top ten
CRGs (depths 0-22.5m) have been migrated.
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Figure 7.25 Migrated depth section of the top 10 CRGs (depths 0-22.5m)
following 2-D f-k filtering in CRGs. Note the curved noise to the left of the
section below 60m depth. Linear ramp with depth applied.

To remove the shear arrivals, Pratt and Goulty (1991) have suggested using the
CRAG method with shear wave first arrival times. However, the accurate
picking of S-wave first arrivals is not an easy task, especially for sub-horizontal
raypaths (see for example, Figure 7.16). Pratt et al. (1991) and Li and
Worthington (1990) suggest the use of recursive dip filtering (Hale and
Claerbout 1983) to remove the direct, scattered or mode-converted S-wave
energy. Also considered was the muting to zero of all energy past the S-wave

arrival for all traces, but this was deemed to be somewhat brutal as it removed
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reflected arrivals also. Instead, the use of 3-D f-k-k filtering (see §7.4.3) is

advocated for S-wave removal.

7.4.2 2-D f-k filtering in CSGs and CRGs for imaging different sides

To address the problem of poorer image quality on the receiver side of the
migrated section following wavefield separation in CRGs, the data were f-k
filtered separately in both CSGs and CRGs to produce two datasets each for the
upgoing and downgoing wavefields. The migration program was therefore
adapted to read in data from the CSG separated dataset for image points in the
receiver borehole half of the migrated section, and from the CRG separated
dataset for image points in the source borehole half. This method is similar to
that used by Lazaratos et al (1992). The migrated images (Figure 7.26) are still
affected by the S-wave noise problem, and 3-D f-k-k filtering (§7.4.3) is

preferred.
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Figure 7.26 Migrated depth section following 2-D f-k filtering in CSGs (left
half of section) and in CRGs (right half). Traces normalised - linear depth ramp.

7.4.3 3-D f-k-k filtering
This method has been described fully in §5.2. Here comparisons with the above
methods and the specific advantages of the technique as applied to the tank

dataset are discussed.

86



—o330T 0

One main advantage of this method is that not only does it separate the upgoing
and downgoing reflections, but also discriminates between reflected and direct
arrivals (both P and S) as they lie in different k -k, quadrants of f-k -k space

(see §5.2.3). A mute of the high amplitude direct arrival, which would also
remove reflected energy lying close behind the direct arrival, is therefore
unnecessary. Examples of the data quality following zero-phase deconvolution
(§7.3.4) and selection of the upgoing reflected wavefield by 3-D f-k-k filtering
are given as CRG 9 (Figure 7.27) and CSG 9 (Figure 7.28) for comparison with
Figures 7.23 and 7.24, respectively. Notice how the two gathers are now of
similar data quality, how the S direct arrival has been removed from the data,
and how the reflected arrivals reach the first break, not having been caught in a

direct arrival mute.

An advantage of 3-D f-k-k filtering over two-pass 2-D f-k filtering (f-k filter in
CRGs, then in CSGs) is that the wavefield separation is performed in one pass,
requiring transformation into and out of the f-k domain, and hence edge

tapering, only once.
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Figure 7.27 CRG 9 following wavefield separation by 3-D f-k-k filtering of
zero-phase wavefield in Figure 7.22 (compare with Figure 7.23).
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Figure 7.28 CSG 9 following wavefield separation by 3-D f-k-k filtering of
zero-phase wavefield in Figure 7.22 (compare with Figure 7.24).
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Figure 7.29 CRG 9 following wavefield separation by 3-D f-k-k filtering of
post-flood zero-phase wavefield.
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7.4.4 3-D f-k-k filtering with muting for the post-flood wavefield

Head waves existed in the post-flood dataset (see §7.2.5). These have the same
moveout characteristics as reflected arrivals: i.e. downgoing on receiver array,
upgoing on source array and vice versa. They will therefore still be present in
the wavefield separated datasets (energy on traces 20-25 at sample numbers
105-115 in Figure 7.29), and appear as noise on the migrated sections (Figure
7.30). In order to reduce this problem, muting of the source and receiver traces
level with the flood zone was performed, with muting past the first arrivals

performed for traces above and below.
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Figure 7.30 Up and downgoing migrated depth section following 3-D f-k-k
filtering of post-flood data (Figure 7.29). Notice the large amplitude noise
below 50m depth on the upgoing and above 40m depth on the downgoing

section. Linear ramp with depth applied.

7.5 Processing - Migration

Both GK and GB migration (§5.1), which are Kirchhoff integral migration
methods, have been performed on the wavefield separated datasets. In addition,
two raytracing methods have been used for obtaining traveltimes and distances

from image points to sources and receivers.
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7.5.1 Static corrections

As discussed in §2.2.2, the source signal was generated on a cylindrical source,
and to regard this as a point source would require a static shift increasing
traveltimes by 9.54/9.52 samples (pre/post-flood). A further static shift is
required for the first raytracing method (§7.5.3), since the source and receiver
positions are assumed to be at the edge of the model. This static shift reduces
the traveltime of the rays by the time taken for the rays to travel from the active
elements of the piezoelectric elements to the side of the model through the
water. Again from §2.2.2, this would amount to 21.81/21.66 samples (pre/post-

flood), giving a combined reduction of traveltime 12.27/12.14 samples.

7.5.2 Positioning errors of the source and receiver arrays

By considering the traveltimes of the arrivals through the water with the model
removed, it was determined that the source and receiver arrays were not exactly
parallel (Leggett 1992). The deviation calculated was from 54.1m horizontal
separation of source and receiver at the top of the model to 55.1m separation at
the bottom, with the source array being 1m lower than that of the receiver array.
By inspection of the data shot through the model, it was also calculated that the
model was placed 1.5m higher than intended with respect to the arrays. The
deviation was applied to the source array for ease of raytracing, making the end
coordinates of the receiver and source arrays (0.0,1.5)—(0.0,126.5) and
(54.1,2.5)—(55.1,127.5), respectively, where the top of the model was at 0.0m
depth. These positioning errors are not surprising when it is noted that the

deviation amounts to a 1mm error over a distance of 125mm in the tank.

7.5.3 Raytracing - Horizontal layers

The first method of raytracing was that used for the Coal Measures and
Groningen datasets in this study. A horizontal layered velocity model is defined;
different horizontal and vertical velocities can be defined to model anisotropic
media, though since the epoxy resin layers were uniform, isotropic layers were
assumed. The migration plane is covered by a user-defined grid of image points.
Each image point is considered in turn, and raytracing from each receiver
position to the point and from each source position provides a total travel time
and distance travelled for each source-receiver combination, together with the

angles of take-off from source and receiver and incidence at the image point.
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7.5.4 Raytracing - Boxel method

This second method was adapted from the raytracing method used by Leggett et
al. (1993) for tomography. A grid of 'boxels' is defined, each with an associated
velocity. Refraction calculations using Snell's law therefore are performed at
each cell boundary. As above, a grid of image points is considered in turn, and
raytracing provides traveltime, distance travelled and angles. It was found
necessary to use this second more complex method of raytracing because of the
geometry of the experiment (Figure 2.3). A simple static correction to
reposition the source and receiver at the edge of the model will fail because:-

(a) the static correction will vary between rays, since rays leave the source and
receiver at different angles for different image points and hence travel different
distances through the water.

(b) the entry points into the model (i.e. the positions to which ideally the static
shift will move the source to) will depend on the ray angle. The boxel raytracing
method overcomes these problems as it is possible to define a thin water layer

velocity down the sides of the model to raytrace through.
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Figure 7.31 Upgoing dépth sections migrated through (left) a boxel velocity

model and (right) a layered velocity model. Linear ramp with depth applied.
A comparison between migrated images produced by identical processing

schemes except for the method of raytracing (Figure 7.31), emphasises the

advantages of the second method of raytracing. The boxel raytracing image
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shows a much better resolution implying that the rays have more precise travel

path parameters.

On a practical note, the adaptations to the raytracing program used by Leggett
et al. (1993) were as follows:-

(a) Tomography requires shooting from source to receiver, hence the program
was written to shoot only from left to right i.e. increasing in the horizontal
coordinate. For reflection imaging, it was therefore necessary to call the
program once for the source positions, reverse the receiver and image point
horizontal coordinate about the vertical bisector of the model, and call the
program again for the receiver-image point ray. Angles would obviously need to
be flipped by m/2 for this receiver ray.

(b) The ray capture criterion specified in the tomography program is for the
ray to pass within a certain vertical distance of the receiver position. By default,
this criterion would therefore be relative to the image point. However, if we
consider a typical raypath, it is realised that the rays are more horizontal in the
water layer in the vicinity of the source and receiver than after being refracted
into the model. To assist capture of the rays therefore, shooting was performed

from image points to source and receivers, and angles adapted accordingly.

7.5.5 Estimation of the velocity field

Several methods were used in conjunction to estimate the velocity field to
raytrace through. For the pre-flood data, Leggett's work (Leggett et al. 1993)
was followed closely. It was a simple matter to assume a 1-D velocity field
within the model, except for the sloping boundary which was assumed linear,
with layers of constant velocities derived from the tomogram and from
horizontally travelling raypaths. Of course this method would not account for
either the fault on the dipping interface, or the layer containing the channel
feature, which is seen as a thin low-velocity layer at the boreholes. The raw
tomogram data was not used directly to raytrace through because of the
possibility of the existence of artefacts within the tomogram and because it was
sensible to constrain the velocity field with all the known information, namely
the hypothetical 'sonic log' run in each 'borehole'. In a field environment, the
obvious information to use would have been the sonic log data together with
uphole shots, though this would have proved too difficult to collect for the tank

model, bearing in mind the static problems of the source and receiver.
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The post-flood model proved more of a problem to create a velocity model for.
If a sonic log had been run down the sides of the model, the same velocity field
as for the pre-flood would have been created except for the anomalous velocity
detected adjacent to the flood zone. The reservoir layer could then be modelled
in several ways:-

(i) A homogeneous layer of the average velocity of the flooded and non-
flooded reservoir.

(ii) As two rectangular blocks of the extreme velocities with a vertical
interface in the middle of the model.

(iii) As two blocks of the extreme velocities with the correct sloping interface
in the middle of the model.

(iv) A gradational velocity change from the two extreme velocities measured at
the sides of the model.

(v) As obtained from direct arrival traveltime tomography.

However, it should be borne in mind that sonic logs were not run, and so it was
necessary to estimate the velocities of the media from the tomography results
and from the horizontal raypaths. The tomography of Leggett was found to be
in error as the earlier arrival times of head wave arrivals (§7.2.5) had been
picked and inverted instead of the direct arrivals. This would cause the
tomogram to overestimate the velocity of the flood zone. The actual flood zone
velocity was estimated by correctly picking the direct arrival through the flood
zone, and taking account of refraction at all interfaces when considering the sub-
horizontal raypaths. The tomography was rerun with improved picks (§7.2.5),
using the starting models (ii), (iii) and (iv) mentioned above. Note that these
velocity models have also been compared in the migration scheme (§7.6.2). The
resultant tomograms (Figure 7.32) are displayed after 20 iterations, and no
smoothing (Krajewski et al. 1989) has been applied between iterations. For
details of the tomography programs used, refer to Leggett (1992).

Several points are raised by the tomography results. Firstly, the difference
between the tomograms obtained with the corrected picks and that of Leggett's
(1992) is very clear, with the flood zone velocity for the corrected picks being
lower. The second point is that the choice of initial velocity model can be
crucial to the results. This is evident in Figure 7.32, where the expression of the

initial velocity model has been kept in the final tomogram.
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Figure 7.32 Velocity tomograms obtained with improved traveltime picks using

initial velocity models (ii), (iii), (iv).

By using the pre-flood model as the initial velocity field, the velocity of the flood
zone is greatly overestimated. This has major implications if tomography alone
is used for estimating the velocity field without the use of sonic logs. For both
the block models as initial velocity estimates, the shape and velocity of the flood
zone has been largely unaffected by the tomographic process. One reason for
this is that the sloping interface of the flood zone has been inadequately
modelled by the cell raytracing approach in both cases so that non-physical rays
have been traced, such as a horizontally travelling ray which should be refracted
by the sloping boundary but passes undeviated through a vertical Interface.
Using the gradational velocity model as the initial estimate, the shape and
velocity of the flood zone has developed most clearly, though the remnant

gradational nature is still present in the tomogram.

The preceding paragraph emphasises the need to be wary of tomography results,
and to use common sense in creating the initial velocity field. The geometry of
the flood zone can be obtained from the tomograms, and the velocity estimated
from near horizontal raypaths with refraction effects at the sloping interface
taken into account. Of course the reflection imaging should also be used as a

feedback process for updating the velocity models, since the stacking of
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reflected arrivals can be checked, and their depth are known from their

intersection with the direct arrivals.

7.5.6 GK or GB algorithm?

This question has been fully covered in §5.1. One of the salient points relating
to the tank dataset is how large the near-field is considered to be. With a signal
bandwidth of 50-500kHz, a model velocity of 1750-3000m/s, the borehole
separation of approximately 50mm is equivalent to 1-15 wavelengths. Assuming
the near-field to be within one wavelength, it is noted that the sides of the model
are in the near-field for some frequencies. The GB algorithm which includes the
near-field term is therefore favoured. A comparison of the effect of the two
algorithms is shown in Figure 7.33, where migrated images have been produced
by identical processing routes apart from the algorithm used. As can be seen,
the two images display only slight differences, although side traces should be

truer with the GB image.
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Figure 7.33 Upgoing migrated depth sections using (left) GB and (right) GK.
Linear ramp with depth applied.

7.5.7 Aperture
The dipping faulted reflector has a dip of about 11°, the fault dips at 90° and the

channel feature will have dips from 0-90°. Following the recommendations of
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Findlay (1991), an aperture of 45° (+22.5° about the horizontal) was utilised.

For comparison, an aperture of 4° (+2°) was also tested (§7.6.1).

7.6 The Migrated Results

7.6.1 Pre-flood

Reflected events in the pre-flood images of Figure 7.34 correlate well with the
interfaces in the model (SEG reverse polarity, i.e. peak = compression. Linear
ramp with depth applied); inadequate dip aperture appears to cause
discrepancies over certain zones of the image. The bottom of the channel has
been imaged by both up and downgoing wavefields, thdugh its flanks are dipping
too steeply to be sampled by the crosshole geometry. These images have been
obtained by using a migration aperture which includes dips of £22.5°, which
experience shows will produce an optimally focused migrated image. When a
narrow aperture of £4° is used (almost in the limit of reflection point mapping),
the image quality deteriorates (Figure 7.35). As expected, this affects the
~ dipping interface and channel feature most, with the channel displaying some

'bow tie' characteristics on the upgoing image.
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Figure 7.34 Pre-flood up and downgoing migrated depth sections.
Aperture £22.5°.
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In a production environment, it is likely that wells will bottom out in the
reservoir layer. To model the corresponding crosshole experiment, only those
21 source and 21 receiver positions above the bottom of the reservoir layer have
been used to produce the image shown in Figure 7.36. Of course it is necessary
to repeat the 3-D f-k-k wavefield separation process for the 21 source and 21
receiver positions to prevent information from the lower traces contaminating
the data. Again the migration aperture used is #22.5°. The migrated image 1S
still clear, although without the corresponding downgoing reflected image, it is
difficult to interpret the channel feature. In comparison to the image using all
51 source and receiver positions (Figure 7.34), the lower reflectors are seen to
be less well focused and to display smiling towards the side of the image.
However, tomography in this case would only provide an image down to the

level of the bottom source and receiver position.

7.6.2 Post-flood

To demonstrate the effects that the velocity model can have, the post-flood
results are displayed in Figures 7.37 and 7.38 following raytracing through
velocity models (ii) (two rectangular blocks) and (iv) (gradational) from §7.5.5,
respectively. Velocity model (iii) (2 blocks with correct sloping boundary) is not
shown as results are similar to model (ii). The images in Figure 7.37 show
disruption around the sharp vertical boundary, where rays have been lost. One
would expect the rays passing through the reservoir layer in model (iv) to be
travelling too slowly on the left hand side of the model and too fast on the right
hand side. The upper surface of a horizontal reflector illuminated solely by rays
passing through the reservoir then would be imaged lower on the left and higher
on the right than its physical position, and vice versa for the downgoing image.
This effect is seen quite clearly on both the up and downgoing images in Figure
7.38. For this reason, velocity model (ii) is preferred, because, although major

disruption has occurred, the depth section is nearer to reality.

The post-flood images (Figure 7.37 and 7.38) demonstrate the expected changes
in reflectivity due to the flood zone. Of most note is the amplitude of the top
and bottom of the flood zone on the up and downgoing images respectively.
These plots, together with traveltime and amplitude tomography (Leggett et al.
1993) could be used to trace the progress of the flood front, using time-lapse

repeated surveys.
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Chapter VIII

Coal Measures

The two surveys presented here, surveys 3438-3437 and 3500-3496 from the
Lowther South site, have both been processed by Findlay (Findlay et al. 1991)
and their acquisition is described in §2.3. They have been reprocessed in this

study for different reasons.

e Survey 3438-3437 should have revealed a small fault close to borehole 3437,
detected by an RVSP survey in the hole (Kragh et al. 1991), but Findlay's
processing failed to image it. An investigation into why this was so, including
some reprocessing, has been performed, and it is shown how survey geometry
can limit imaging capability close to the boreholes and even in the middle of

the section between the boreholes.

o Drillers' reports and wireline log information indicated that a normal fault zone
passed between the two boreholes 3500 and 3496. Findlay's processing,
including f-k filtering in CSGs, imaged the fault. The dataset has been
reprocessed with 3D f-k-k filtering to compare the results of this advanced

processing technique.

8.1 Survey 3438-3437 - Imaging capability of crosshole surveys

8.1.1 Background

The starting point for this study was a comparison between two different types
of seismic reflection depth section generated along the same line of three
boreholes (Figure 8.1a) at the Lowther South opencast coal exploration site in
Yorkshire. These boreholes were 3436 (A), 3437 (B) and 3438 (C). The first
section was produced by processing reverse vertical seismic profiles (RVSPs)
shot in each borehole to give continuous coverage (Kragh et al. 1991). These
RVSPs were shot using explosive charges downhole and a line of 24 geophones
at the surface in the plane of the section. They showed two small faults cutting
the coal seam at 50m depth, just to the right of boreholes B and C (Figure
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Figure 8.1 (a) Coal seam stratigraphy proved in boreholes A, B and C. (b)
Hole-to-surface migrated depth section (from Kragh et al. 1991). (c) Crosshole
migrated depth section with velocity field (m/s) used for migration (from
Findlay et al. 1991). Sections plotted SEG normal polarity (peak=rarefaction).




8.1b). The second section was produced by processing crosshole seismic
reflection surveys shot from the boreholes A and C into the central borehole B
(Findlay et al. 1991). Single detonators were used as sources and hydrophones
as receivers. The crosshole survey between boreholes C and B should have
revealed the small fault just to the right of borehole B at 50 m depth, but it
failed to do so (Figure 8.1c¢).

Before investigating why the crosshole processing had failed to image the fault,
it was necessary to consider whether the fault imaged on the RVSP section
from borehole B really exists, and whether it is accurately located. As
described by Kragh et al. (1991), great care was taken in calculating static
corrections for the surface geophones. No particularly anomalous values were
found. After wavefield separation and deconvolution, each common source
gather (CSG) was migrated separately, so that the .resulting images could be
examined before stacking. The fault appeared at the same location on each
prestack image, which would not have been the case if the discontinuity in the
reflector had been caused by inaccurate static corrections. Confidence in the
integrity of the processing scheme has been enhanced by successful results of
RVSP profiles from other lines of boreholes (Kragh et al. 1992). The
possibility of significant error in lateral positioning of the RVSP image was
also ruled out, since a verticality survey in borehole B showed a deviation of

less than 0.5m at 50m depth in the plane of the survey.

Having concluded that the fault is real, why had the crosshole survey failed to
image it? The spatial variation of image quality in crosshole reflection surveys
has been explained in Chapter IV. Here the discussion of image quality
concentrates on this particular crosshole reflection survey, and some general

conclusions for all such surveys are drawn.

8.1.2 Initial processing

A typical CSG from the dataset is shown in Figure 8.2. The seismic signals had
a bandwidth of 100-700Hz with a peak at about 200Hz. In the initial
processing of these data to generate the section of Figure 8.1c, both uphole and
crosshole direct-arrival traveltimes were used to make a first estimate of the
velocity field. This was adjusted by a process of trial and error. The velocity
field found by a tomographic inversion of the crosshole direct-wave traveltimes

was unsatisfactory because of anisotropy.
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Figure 8.2 Raw data - the common source gather from 10m depth.

The direct arrivals were muted out and up- and downgoing wavefields were
separated by filtering CSGs in the f-k domain. A wavelet was estimated from
the data by averaging the autocorrelation functions of all 23 traces and making
the minimum-phase assumption. Then a Wiener shaping filter was designed to
shape the estimated wavelet into a zero-phase Butterworth wavelet of
bandwidth 150-700Hz, and applied to the data. The GK migration scheme was
used to migrate both up and downgoing wavefields, the polarity of the migrated
downgoing wavefield was reversed, and the two migrated wavefields were

merged together.

8.1.3 Reprocessing
A limited amount of reprocessing was undertaken to try to image the small

fault, but did not result in significant improvement.

Muting was avoided in the reprocessing scheme because it will remove
reflected events arriving shortly after the direct waves in real, band-limited
datasets. The known location of the fault is close to the receiver borehole B
(3437) and towards the bottom of the receiver array. The seismograms which
contribute most to the image in this vicinity are those recorded by receivers just

above the fault from the shallowest sources. The direct waves are downgoing
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at the receivers on these seismograms, whereas the primary reflections required
for imaging are upgoing. Thus these wavefields could be separated in f-k space
for each CSG (§3.6.3).

The GK migration method used in the initial processing is a far-field
approximation, resulting from dropping the near-field term in the Kirchhoff
integral, which might be important for imaging close to the boreholes.
Accordingly, the GB migration scheme (§5.1) has been used in the reprocessing
scheme. The difference between the results of using GK and GB migration is
illustrated in Figure 8.3, where only the region around the small fault (expected
location 50m depth, 34m offset), close to the receiver borehole, has been

imaged.
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region around the small fault near the bottom of receiver array in borehole B.
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There is better continuity of reflection character in the GB image, which is
preferred as being in better accord with the stratigraphy, but it is still quite

impossible to identify a fault.

8.1.4 Dip sampling at image points - shot and receiver spacing

At this point it was concluded that there was nothing further that could be done
in processing to resolve the small fault. Instead the effects of the restricted
lengths of source and receiver arrays and the element spacing in each array
were considered (§4.2 and §4.3). By comparing the rose diagram in Figure 4.8
(reproduced here as Figure 8.4) with the depth migrated sections in Figure 8.3,
it is plain to see that gaps exist within the range of dips sampled around the

fault zone due to the coarse receiver spacing.
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Figure 8.4 Rose diagram showing the effect of discrete spatial sampling on the
distribution of dips sampled at image points spaced 0.2 m apart vertically over
a 2 m interval at distances of 1-3 m from the receiver borehole. (This Fig. is
identical to Fig. 4.8)

For image points close to either the source or receiver array, it is the
combination of spatial sampling in the near borehole (§4.3) and the extent of
the array in the far borehole (§4.2) which govern the ability to form an accurate

image. Rose diagrams such as in Figure 8.4 clearly show where spatial
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sampling and array lengths are adequate over the section. Where they are
inadequate, the image will inevitably be smeared, whatever is done in
processing. It is believed that this is the cause of the failure to image the small
fault close to borehole B in the crosshole survey between boreholes C and B.
In order to image this small fault, which should appear as a step in reflecting
horizons, dips should have been sampled smoothly around the horizontal on
both sides of the fault.

8.2 Survey 3500-3496 - f-k versus f-k-k

As a demonstration of the f-k-k technique (§5.2), survey 3500-3496 has been
reprocessed using two processing routes, identical except for performing

wavefield separation by f-k-k rather than f-k filtering.

These data were previously presented by Findlay et al. (1991) with wavefield
separation carried out by f-k filtering of common shot- gathers. The boreholes
used in this survey were 32m apart. Drillers' reports and wireline log
information indicated that a normal fault zone passed between the two boreholes
with a vertical throw of some 22m. Shots were fired at 2m intervals from 10m
to 52m depth in one borehole, and receivers were deployed at 2m spacing from
9.79m to 53.79m depth in the other (Figure 2.4).

(Wavefield Separation by f-k-k filtering]

(Waveshaping Deconvolution)

(GB Migration)

(Up and downgoing images merged)|

Figure 8.5 The crosshole reflection processing sequence used to produce
Figure 8.7b. Compare this with Figure 3.1.
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In reprocessing these data, wavefield separation was performed by 3-D f-k-k
filtering (§5.2). Figure 8.6 shows the data volume depicted before and after 3-D
f-k-k filtering as f-slice contour plots in the f-k-k domain. Following wavefield
separation, deconvolution and Kirchhoff migration using the Generalised
Berryhill algorithm (§5.1) were performed (Figure 8.5). Up and downgoing
wavefields were migrated separately, the polarity of the downgoing reflections
reversed, and the images merged (Figure 8.7b). Results obtained by a
processing scheme involving 2-D f-k filtering in common shot gathers, which
differed only in the wavefield separation step, are shown as Figure 8.7a for

comparison. An AGC over 30m has been applied to both images.

(a) (b)

Figure 8.6 The data volume transformed into the f-k-k domain, and depicted as
f-slice plots with a linear amplitude scale: (a) before filtering, and (b) after 3-D
f-k-k filtering.
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Figure 8.7 Migrated depth sections following (a) 2-D f-k wavefield separation,
and (b) 3-D f-k-k wavefield separation.

Both processing schemes have clearly imaged the fault. The reflection from coal
seam Z is continuous across the section from the borehole on the right, so there
must be a fault with 7m throw at this horizon very close to the left borehole. A
larger fault, of some 15m vertical throw, cuts the left borehole between seams Z
and Y. The truncations of reflections, from seam Y to the right and from seam
X to the left, locate the fault zone in the body of the data. The most striking
difference between Figures 8.7a and 8.7b is the nature of the migrated image on
the left side of the section. The continuity of reflectors is poorer in the section
with 2-D wavefield separation, especially near the source borehole, and the level
of coherent noise is higher. With the improved image produced by the 3-D f-k-k
processing a more confident interpretation of the location of the fault can be

made.
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Chapter IX

Conclusions and suggestions for future work

9.1 Conclusions

Crosshole seismic reflection imaging has been shown to be a high resolution
imaging technique. Major limitations of the method have been discussed, and
advice given on how the produced depth sections should be interpreted. New
processing techniques have been developed and implemented to overcome
specific problems with previous processing schemes, and their success has been
clearly demonstrated using example datasets. Finally, three types of dataset
have been processed and the results discussed in terms of the limitations of the
method, of the processing techniques developed, of the acquisition geometry

used, and of the quality of image.

9.1.1 Imaging capability

Effective imaging in any seismic survey is restricted to that part of the
subsurface section where the image is not smeared. Image quality depends on
the range of dips sampled around the local structural dip and on the distribution
of dip angles within that range. For image points close to either array, the
distribution of dips sampled within the range can contain gaps if the element
spacing in that array is too coarse. The overall range of dips sampled depends
on the lengths of source and receiver arrays, which should be comparable with
the borehole separation in order to image a horizon at the base of the arrays. It
follows that in order to image a horizon level with the centres of the source and

receiver arrays, the array lengths need to be twice the borehole separation.

As regards improving the imaging capability of crosshole reflection surveys, the
Generalised Berryhill algorithm and the use of 3-D f-k-k filtering are
recommended. Close to the boreholes, provided that the spatial sampling
interval is small enough to give a smooth distribution of dips, it is believed that
GB migration will have better imaging capability than GRT or GK migration
because it includes the near-field term in the Kirchhoff integral. Coherency
problems in CRGs (or CSGs) have been shown to be produced by performing
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wavefield separation on CSGs (or CRGs) by conventional 2-D f-k filtering. This
migrates to coherent noise on the source (or receiver) array side of the depth
section. Addressing this problem, f-k-k filtering has been shown to be the most
satisfactory solution, such that both sides of the migrated section have equal
image quality and fidelity.

9.1.2 Results

It has been shown that a restricted survey involving a single common shot gather
from the Groningen experiment can generate an image between wells 300m apart
with a signal bandwidth of over 1kHz. The potential for high resolution imaging

of a more extensive survey from a producing field is evident.

We have shown an innovative processing scheme for crosshole seismic reflection
imaging. The use of 3-D f-k-k filtering has made the muting of direct arrivals in
the time domain superfluous, since the separation of direct and reflected
wavefields and of up and downgoing reflections is achieved in one operation.
The migrated images produced are of high resolution and can be used to monitor

the progress of the flood front during EOR.

Conventional 2-D f-k filtering for wavefield separation of common shot gathers
in crosshole reflection data has been problematical, primarily because of the
direct and reflected wavefields overlying each other in the f-k domain, and
because of poor coherency of the separated wavefields when viewed in common
receiver gathers. Coherent noise has resulted, and we have demonstrated with
real data that this may be reduced through use of a one-pass 3-D f-k-k filter for
wavefield separation. Such filters can reject both compressional and shear direct
waves and also the strongest multiple arrivals in crosshole data, but not head

waves.

9.2 Future work

9.2.1 Further comparison of standard and novel processing techniques

Further research is required into the applicability of the processing techniques
presented in this thesis, and this is only possible with the acquisition of more
good datasets, either from the Coal Measures or from producing fields. It
would thereafter be possible to provide more comprehensive guidelines on the

conditions governing the suitability of each scheme.
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9.2.2 Quantification of the quality of images

Thus far it has not been possible to provide a measure of the quality of an image,
and therefore the success of a processing scheme, beyond a simple statement of
how well the migrated image qualitatively matches the assumed geological cross
section, or the known model geometry in the case of the tank data. Work is
needed then in providing a technique for quantification of images, possibly by
some sort of correlation philosophy, in order to state categorically whether one

image is a better representation of the section than another.

9.2.3 Detailed amplitude interpretation of crosshole reflection images

Following on from the point above (§9.2.2), special attention should be given to
the preservation of amplitude values during recording and processing of
crosshole data in order to maintain amplitude information in the migrated
sections. Non-linear practices such as normalising the data and performing AGC
should be avoided wherever possible. Future work could then involve the study

of reflector strength for lithology analysis (§9.2.10).

9.2.4 Resolution of raytracing problem

One problem still requiring attention is the limitation of the boxel raytracing,
especially when sloping boundaries are required. The proposed solution is a
raytracing program based on triangular velocity cells, as these would be able to

cope with any velocity polygon.

9.2.5 Integration of amplitude tomography into raytracing

Leggett et al. (1993) demonstrated the possibilities of amplitude tomography. It
would be possible to integrate the results of an amplitude tomogram into the
raytracing for crosshole reflection imaging, by calculating the total attenuation
along each reflected raypath. This would then give an amplitude correction
factor for each source-receiver-image point combination to compensate for the

attenuation through the media.

9.2.6 Further comparison of GRT and GB migration

Recent publications have described the extension of the scalar inversion problem
of reconstructing a velocity perturbation in a constant density acoustic medium
to a solution of the vector inversion problem of material parameters. Beylkin
and Burridge (1990) have developed an algorithm for multi-parameter inversion
of surface seismic reflection data based on the inverse Generalized Radon

Transform. Miller and Burridge (1992) have recast this algorithm in terms of a
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GRT-based dip-moveout operator. The removal of the constant density
restriction of GRT imaging is of interest to this work, and some thought should
be given to the implications of the above two publications to the work presented
in this thesis, possibly by comparing the results of the physical model dataset
using GB, GRT and multi-parameter GRT imaging.

9.2.7 Novel acquisition geometries

Proposed future experiments include acquiring data with shots and receivers in
the same borehole, either vertical or with a 45° trajectory. Major consideration
will have to be given to acquisition problems such as the damping of tube waves.
However, it is hoped that this technique will be attractive for hydrocarbon

reservoir definition with inclined or horizontal boreholes.

9.2.8 One-pass total processing

Possibly mere speculation, though on purely aesthetic grounds, a one pass total
processing philosophy for crosshole seismic reflection processing could be a
final goal. Since conceiving the idea of 3-D wavefield separation in the f-k -k,
domain, other processing steps have presented themselves as being suitable for

application in f-k.-k,, such as directional deconvolution with respect to source

and receiver and trace interpolation. What could be considered then is:-

ﬁansfomation into f-k-k domain]

(Wavefield Separation by f-k-k filtering

(Waveshaping Deconvolution in f-k-k domain)

(Migration in f-k-k domain)

[—Transfomation out of f-k-k domain]

Figure 9.1 Speculative one-pass crosshole reflection processing sequence.
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9.2.9 Imaging of all modes

Previous workers have only mapped P-P (e.g. this study) and/or S-S modes
(Lazaratos et al. 1992, Becquey et al. 1992), though four modes are always
available. The first arrival P-P reflections are the obvious first choice for
imaging, since they are uncontaminated by other reflection arrivals. What has
not been tried on real data so far (although Balch et al. (1991) have migrated
different wave modes in laboratory model data) is the development of an
imaging scheme for integrating the information from up and downgoing images
for both P-P and S-S reflected wavefields, as well as mode-converted arrivals
such as P-S and S-P. For this, a dataset of the highest quality would be
required. Once cross-sectional images had been produced, the initial approach
could be that of inverting each image (P-P, S-S, P-S, S-P) separately. Note that
once P-P and S-S images had been produced, it would be a simple matter to
construct the images for mode-converted P-S or S-P waves, as the raypaths to
the image points would have already been computed. The images produced
would be compared and updated accordingly in an iterative process. The four
reflectivity images could then be inverted together to obtain P and S velocity

images, provided some assumption is made about density.

By this scheme, quantitative information (lithology derived from reflection
amplitude) would be extracted to complement the previous qualitative crosshole
images of bed geometry. Once a target reflector (thin bed, faulted interface,
reservoir rock) had been identified, the nature and continuity of reflectivity along
it could be traced to assess small-scale changes in rock character. The success
of these schemes could be rigorously tested by comparing the results with

known properties derived from well logs in the field.

Since the image amplitudes are critical to the success of the inversion process,
considerable attention will be given to the validity of the image amplitudes n
each imaging technique used, to the dependence of amplitude on angular

coverage of the reflecting interface and to any possible source directivity.

9.2.10 Integration of high-resolution seismic data into inversion schemes
for deriving reservoir properties.

Seismic data have been of insufficient resolution to delineate porosity and
permeability heterogeneities on the scale required by reservoir engineers for
modelling fluid flow. However, the recent improvements in 3D seismic data

quality and the development of crosshole seismic and VSP methods suggest an
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investigation of the detail that can be obtained by integrating this higher
resolution seismic data in an inversion scheme with wireline log and core data
from wells. The crosshole and VSP data act as a node of reference between the
two extremes of the areal extent of the 3-D seismic and the vertical resolution of
the core and wireline data. The inversion would start with known properties at
one well, and proceed through the seismic data volume to an adjacent well. The
success of an inversion scheme would be rigorously tested by comparing the

seismic inversion results with the known reservoir properties in the second well.
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Appendix A

Deviations of the Groningen boreholes

The deviation reports of the Scheemderzwaag boreholes are in the form of x,y,z
deviations from the wellhead positions for the depths of interest. A 2-D
deviation was assumed for the crosshole survey used in this study as x and y of
the receiver well varied approximately linearly over the depth range 2225m-
2600m.

Al




RECEIVER WELL SOURCE WELL

Wellhead position (m): Wellhead position (m):
X y z X y z
1553.60 133.12 0.0 551.55 273.09 0.0
Deviations (m): Deviations (m):
X y z X y z
1.39 -13.52 1550.0 22.69 -19.40 1550.0
0.90 -15.62 1575.0 21.15 -16.40 1575.0
0.06 -19.93 1625.0 17.40 -10.93 1625.0
-0.35 -22,12 1650.0 15.10 -6.91 1650.0
-0.76 -24,33 1675.0 12.49 -3.63 1675.0
-1.15 -26.57 1700.0 9.60 -0.35 1700.0
-1.56 -28.89 1725.0 6.55 2.94 1725.0
-2.02 -31.36 1750.0 3.47 6.13 1750.0
-2.53 -33.96 1775.0 0.47 9.08 1775.0
-3.07 -36.64 1800.0 -2.39 11.79 1800.0
-3.65 -39.37 1825.0 -5.13 14.37 1825.0
-4.47 -42.23 1850.0 -7.76 16.86 1850.0
-5.70 -45.35 1875.0 -10.38 19.15 1875.0
-7.29 -48.80 1900.0 -13.10 21.17 1900.0
-9.26 -52.59 1925.0 -15.91 22.92 1925.0
-11.40 -56.59 1950.0 -18.75 24.30 1950.0
-13.55 -60.65 1975.0 -21.61 25.66 1975.0
-15.80 -64.76 2000.0 -24.36 26.81 2000.0
-18.04 -68.94 2025.0 -26.89 27.85 2025.0
-20.14 -73.20 2050.0 -29.39 28.87 2050.0
-22.21 -77.56 2075.0 -31.95 29.85 2075.0
-24.38 -81.92 2100.0 -34.51 30.75 2100.0
-26.63 -86.22 2125.0 -37.10 31.57 2125.0
-28.91 -90.51 2150.0 -39.79 32.24 2150.0
-31.35 -94.80 2200.0 -42.58 32.77 2175.0
-33.72 -99.01 2200.0 -45.45 33.22 2200.0
-36.06 -103.14 2225.0 -48.37 33.59 2225.0
-38.59 -107.26 2250.0 -51.33 33.84 2250.0
-41.40 -111.46 2275.0 -54.27 33.96 2275.0
-44.49 -115.80 2300.0 -57.18 34,00 2300.0
-47.82 -120.29 2325.0 -60.07 34.01 2325.0
-51.29 -124.87 2350.0 -62.98 33.96 2350.0
-54.78 -129.45 2375.0
-58.27 -133.93 2400.0
-61.79 -138.31 2425.0
-65.29 -142.61 2450.0
-68.76 -146.72 2475.0
-72.20 -150.58 2500.0
-77.68 -154.23 2525.0
-79.17 -157.61 2550.0
-82.71 -160.70 2575.0
-86.42 -163.60 2600.0

-90.31 -166.31 2625.0



Appendix B
xhrl

This program was originally written by M.J. Findlay. However, it has evolved
significantly during the course of this study, and it is therefore appropriate to
include the main program and subroutines in this thesis. Subroutines not
included here are either in libxhr.a or libtsa.a in the dgl3psr user area on the
University of Durham Geological Sciences Department's SUN system. See also
the appendix in Findlay (1991).

Plotting routines have not been included as similar programs can be found in
UNIRAS manuals, e.g. SEISPLOT, CONTOUR.
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Appendix C
xhrp.dfaultl

Given here are four example xhrp.dfaultl files required by the xhrl program.
They are for the four surveys in this study, i.e. Groningen, Physical Model,
Lowther South 3437-3436, Lowther South 3500-3496.
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Appendix D
xhr3

This program was adapted from xhr1 to perform 3-D f-k-k filtering and plotting.
Also given is an example of the xhr3.dfolt file required by the program. All
subroutines, including plotting, are given. Subroutines are in libxh3.a in the
dgl3psr user area on the University of Durham Geological Sciences Department's
SUN system. Plotting routines use UNIRAS.
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Appendix E

berrymig

This program was adapted from kirchmig and performs GK, GB and GRT
migration, raytracing by the layer and boxel method, and image point dip
calculations. Also given are raytra.f (layer raytracing) and raytl4.f (boxel
raytracing). The results are plotted with nscap.f (not given), which uses
UNIRAS. Subroutines are in libkir.a in the dgl3psr user area on the University
of Durham Geological Sciences Department's SUN system.

AS3



2 HZA'XA) SONIDVAS LNIOd A1dD JALNTA(+'9) ALIIM
JOTXVIA (+'S) avad

\ gredKes yoea 10y £n 0153130k Jo "ou 1nug(4'9) ALMM

20V ('S) avay

J STULIAW NI ADVANDIIV ONIDVULAVYE YALNA(+'9) ALIdM

SYALAANVIVA DNIDVILAVI AN LS D
ANNLLNOD 0T

1294

(009 1)ATS “(9)SAIOO0D (009 1)L (009 1) THA (0091)1S TVIY
(0021°009)d1d ‘(001)$ZASOY (001)SXISOY TvIY
(IDFANIDONV “(1HOSNISONV (IDFAAN) IDNV TvIA
(IMOSN)OONY (007 YUY VAIA(1HOSNIS.LOLG TvIY
(1DFAN)ALOLA "(DFANNNVL (1HOSNISNV.L TvIH

ANFZ (O£ +WSN)dWAL (XOVIWIN'ZOVIWIN)ADOVINI TvId
(00Z ATOHWI ‘(IDTUNIDTYZ “(1DFAN)DFAX VAL

07°0~dd.LSY

00=asV (100°0°LTdsV)dl

asyv (sxavad

, (0°0=Hne)2Qa),’s LNIUd

AUINOIGNS D[211D Jo D Ked moj|eys 10 (spe) 213uv,'« LN1Yd
YLSNOD (+'$)AvIY

,Buigioows 5a132]3s 4oy pannbag JUENSUOd AT, « LNIId

(NH.LJAA + ¥OIHL = (1 + H.LLAA ANNILNOD 1L1 (LHOSN' 1DFAN'WSNIOSD (1 HOSN)IOSZ Tvad
MADIHL (DAA (DHA (') avad XTTADHLNNODI=LNNODI (1HOSNYHOSX '(SDAA “(SDHA "(S1)H.LJAA Tv3IY
£, 49481 305 (1S)SSOUPIY L AAHA JWH (') ALIYM ANNILNOD 2Ll (YZ=XOVWIN |
XVIWVIN I =02 Od (1+LNNODIH-X TN IS=(LNNODI+ DTS 6YZ=ZOVWIN "1S=1DTUN'1s=1JOSN'TIS=NSN) YALINVAVd
00=(1)HLdAd XTTEOI'1=12L1 0d (be=XOVWIN | D
| + XVINV'IN = HIdAAN HZTTEDCI=[ 1L1 Od  ‘66£=ZOVWIN'ZI=1DTAN' 1= JOSN'100Z~IWSN) JALINVEVd 9
XVIWVIN (+'S) avad 0=LNNODI (89=XOVWIN | D
< SHIAVT A0 ‘ON YALNA(+'9) ALIUM AONLLNOD  $666'66£=ZDVWIN'€9=1DTUN" 1= JOSN'100Z=ISN) YALANVIVd  °
R EN (XTTI-D1S=(1)T1S (Pe=XOVWIN t D
(ZT73DD» XTTaD1 = ST1901 ZX 101 1+ST1AD1=1'v666 O *66£=ZOVIWIN'ST1=1DTUN' 1= HOSN'100Z=ISN) YT LINWVHVd 2
(1+ZT1EDDs XTI = ZXT1E3d1l - 2 ANNILNOD  £666 (61=XOVWIN | D
$]139 Jo 0u (810 D (DTAA0 1=(1)1S ‘661 =ZOVININ'EZ=1DTAN'TZ=1 HOSN'ZIS=INSN) d2LINVEVd 2
d1aNg STTEDI 1=1'€666 OA (8c=XOVWIN | D
i +Z7119D1 = Z17130| (1+Z 71300+ XT1301 = ZX 1901 *661=ZDVININ'ZZ=1DFUN'€=1 JOSN'TIS=ASN) I LINVIVd 2
NZHL (0'IN(Z "ZTTIDD AOW) A1 (XVINZ'XVYIWX NINZ NIAX ZX08'XX0g 134V INT34VIA | (SL=XOVWIN 1 D
x5 4AXOH AL STTID 40 MOY YFHLANA V OLNi LN D XTTEINZTIEIISTTEDI THA WY NAIAAYIH T1VD '661=ZDVININ'£Z=1DF4N' =1 JOSN'ZIS=IASN) ¥F1dnNvivd 2
AV HOIHM AYVANNOL ¥AMOT IHL ONOTV ONITIHAVIL D (8V)LVINYOd 7666 (T8=XOVWIN I D
SAVYH H0d SMOT1IV Z OL LNAOWY TIVINS V ONIAAV D FINVNA (2666'S)aVIY ‘6P I=ZDVININ'€Z=1DTAN'ZT=1OSN'TIS=INSN) JALFNVIVd 2
1 + (5901 + ZXO0d ANINZ- XYWZD INI=ZT1dD1 2 (0SV)LVNYOL 1666 (PZ=XOVWIN | D
puSz 3 <dIIO ALIDOTAA 40 NVN 114 LNdNIZPL1666'9)ALIIM ‘6pZ=ZOVIIN' 1$=1DTUN' I=1JOSN'TIS=NSN) daLAWVIVd 2
1+ (3071 - XXO0™ /ANINX- XVIAX)) INI = XT1dD1 2 srrrrrrrrsrsrror@ T3 ALIDOTIA TVLLINIAN L3S O WT=XOVWIN | D
pudx D 31y Sutmoy[o 3y woyy peas e ssddwesed 1ISOW, + LN 6P7=ZOVININ'EZ=DTUN' 1= 1 JOSN'TIS=IWSN) YLLTNVIVd 2
| - (@IADZAAOWIZ - IINIZ))LNI = ZN ONLLSI (+'S) avayd (1Z 938) ZN'XN [enbaisnu ZOVININ'XOVIWIN D
1 + (@OXAAOWIX - TINIX).LNI = XN \(K=1) she1 1ySrens apnidu,(«'9) ALIYM AA0D ONIDVELAVY ¥31SVA HLIM 0% NOISYIA O
TNIX = XVINX NIHL (ZOT dHLAW) i (asyjorpdapn) 18 Ananoagar @aOvINI = (sporyidapnanying J
OWIX = NIWNX AHLAW (+'s) avad BIED PAPIOIAS = (JOSIIUIIWNNDSD D
pasn %:wgom 100 XVYINX D _N.A_u_._wnm.mho%c_u_VMC_OE;E Jo v:—:u—: :o_ca_ﬁf_ov Finkim Ja41 ._o>_oou.~ Jo muE::q.:x,u = Quu.__vaM_NAuu:vamxv U
§'9p-0 10U ‘¢’ 8-z 30 1S d1u am SE JUI| SIY) PIUISUL IARY T6/L/T D TAAOW ALIDOTEA 4N 14S D I0S1 22IN0S JO SARUIPINOI = ((10SNYOSZ (10SNYOSX) D
FNIZ ‘OWIZ VINEX OWIX (+'S) avayd (ADVII ‘FOVININ)OYAZ T1VD Kep aakep ur K120faA [2I1LA = (KRIDAA D
(1Z°0Z 1X°0X) ease pud dwidew] PF(+'9) ALIAM XOVININ + ZOVIIN = 3DOVININ et aake| ur K1001aa [luozuoy = (KeIHHA D
XVWZ 'NIWZ ‘XVIX 'NIWX (') @vay ANNILLNOD 0l Kep aake jo doy o1 yidap = (AEHHLLAA D
S SHNTVA Z'X XV ANV NI JEINT(9) 2LIEM @, = (DY DINAYYTE WVIDOUd
anza ‘doxa («'s) avay 9sz'i=1010d (ONV¥UdV) d15ue anuadegN O
A(ZA'XA) SONIDOVAS LNIOd A1dD JALNT(+9) ALIYM 0=XVIWILN (LAWYAY) 218ue a1 ji yaom jou Kew Sunydrom-dip pue sasod gN D
20V (x'$)avad ‘T/d=2d ('[2 19 noguae) o)

- sutod 19412921 01 Koranooe painbay,'(4'9) ALRIM

SANRLLN (+'S)avay

,. Yoreas yaed ul pasn aq u1 SKBI [BL JO "OU WNUIXE, '« LNIUd
70=d3.LSV (1000°'LTdALSY)AI

dALsy (+'Xavay
; (°0=)|ne)ap ‘sueipes) WwawaIouy d13ue yoseds Aey,' x INIAd

SES9T6SIVIE = Id
(9ST)V 1x¥ALDOVAVHD

2LA6)TFAVIA ‘8+FIWVNA ‘AS0Ud ‘FAVNA ST+YALIVIVHD
120D "NSN)XD Xd1dWOD

(009 1)SAVION YIDALNI

00T 1)SOUZ (00T 1)SOUX (00T AIAN YIDILNI

*uosSuUIqOY -~ SISA[EUE SaLI3s dWL) Busiqgl] Aeaqi[ aunnosgns Buoenker D
10] P LAVY VLA VY dunnogns spaaN  d3ues dip jea8ojoad o

pue *skes Suiddip-mojjeys 10) Sunnw yiedAes 2400198 gO'NDLAD D
JJOYYIIY *YOEIS UONDRIJJIT [SHORIS UONDERIJJIP WIIHIP JO suondp D
suoNIsod J9A102179aUN0S [EI0UT SMOJY WyILO3[e Suenier )
srdonosiue Yy L AVY Suisn uonesdiu jJoyyaary op o1 werdoid "D



199 4

NANLAY 2 as13 Aghuag=6 ‘yied dad=¢'La0=v |
JLSIXT LON $30Q FT14 +LN1¥d > $0O1Y = N1 WO=E UL IY=Z §OTIS 1= 21 uonraSIN YA LN +'9) FLLIIM
NAHLOINTN Al 26 2 NIHL (LNOIAN'WHOSHI'ANY $T0 1" LTAWVSN) 41 ‘081 /1d + LNWAV + § = LOWALY
(T6=dUH TA=LVLSONNT1=103 4 GALLYWIOANN~WYOd | D €31+ La=1a ‘081 /1d » NINLIHL = NWLIHL
LOAAIA=SSIIDV' ATO~SNLV.LS AN VNA=ATIL'01) NAJO > LaGs)avad ‘081 /1d » dV.LAdVY = dV.LUdV
J10U 0P SgH "M SaUl| 941 N1 SNNIS D - S2astjnu ut [ea1aiul Surjdures 10UF(+'9) ALIAM ‘081 /1d « ONVUdY » " = ONVIdV
(ZA=LYLSOI'NT =104 AALLYWAOANN, =WIO04 | OVSN “dINVSN (+»'S) avay J30-100 3(8ue Juryows se pasn osje sL LANWALY D
“10FYIA~SSTIDV A 10=SNLY.LS TNV NA=TTA'01) NIJO , (UON23LIVS dNEIS J0) BNXD IPNPUL(+'9) A LIYM LOAWNAY ‘NWLIHL dVLYdY "'ONVYdV (+'S) avad
41aNd \. dAAgaN ‘ON 2 sex 1ad sajdwes Jo ou 11U (4 9) ALIYM ,; soa130p ur ainwade ainuessader anpade 101U (+'9) LM
(NMONINN=SNLY.LSISOYA=AT14'TI) NIJO gk NVIMIN (') avay
gS0d4 (0s's) avay ANNLLNOD 0L & (A=1) uonaauod aseyd-spniidwe uelwmaN A1ddv,(+'9) ALIAM
Pweud indino sasoy(x'9) ALIYM ANNLLNOD 09 00 =SSd (1 '03" YOSN) dl
FNNLLNOD (42 dIV = (I'I'DVININ)DSD (Zax((1)FOSXADYOSX) + Tr+((1DYOSZ - (V)UOSZNLAOS = SSA
Zadsod + (HSZAs0od = (1+1)SZaS0Y 1 + (LA/DVINILL)LNI = DVININ 0°0=98d (1 09" D34N) 41
1-Z4N'1 = 17L0d (DOVILL)LYOS /0'1 = dNV (Za+((DDTUXADDAUX)+ T44{(1)DTYZ - (2)23YZ))LYOS = OSA
ANNILLNOD L 1L +0L=9OVIIL dOLYZ=d01Z (dOLZ LT dOoidZ)dl  ?
XAasoy + (1)SXIs0Y = (1+1)SXaS0d (DAA /1A= 1L 1L09¥yZ=~108Z (L09Z 'LO Lo9dZ2) 41 2
XIN'{=11L0d (Z4+{1AZ - (0DTUZ) + Taa(d1AX - (NOFAX)LYOS = 1A UMOP 10J 22IN0OS PUE 331 109 4o *dn Joj adumos pue 2
ANDm—mON_\_ —Z_NV.—.Z_ = 73N UNM—Z ._ =f09 oa kit 9: uadMm19q U0z AY) WOy m:C_GuCu._ apnout nok .: AHO 2
(I+XaasOd/NWIX)LNI = XdN (' 1" 1)DSD ‘¥TH)OYIZ T1VD dOLYZ=d0OLZ (dOLZ "LD dOLYZ) A1
(1NSZES0Y (+'S) Avad OFUN » WSN = v LOGYZ=1049Z (LO™Z "LT 104¥Z) I
HeS Z,(6'9) ALY M €95 = 1Ld (11 'dOLYZ *OFYZ "DFANINSNIA T1VD
(1)SXIS0H (+'§) avad 957 = JIWVSN (11 ' LOSYZ 'D3YZ "DTUANINSXVIW TIVD
CUHEIS X (+'9) ALIUM (DAA/70A =0L dO.LSZ=d0O1Z
ZAadasod (x's) avad (Zas(A1AZ - DYOSZ) + Tax{1AX - GHAOSXN.LYOS = 0d 104SZ=109Z
VIR Z,(+°9) FLIYM YOSN'I =M 0L0d (11 'dOLSZ "40OSZ "YOSNINSNIN T1VD
XAdgsod (x's) avad A1aZ H1ax (+'s) avayd (11 ' LOGSZ "dOSZ "MOSNINSXVIN T1VD
J UL X (4°9) ALI¥M 2 u0d Sunoriyip Jo $91BUIPINOD 1T, (x'9) ALIAM ANNLLNOD Ov
001 31 01%01 = 53504 xe N (+'9) ALIYM ASNOLSTY ASTNdWI ASHIANI D (NOTAAZ (NOFYX (+'§) avaY
v 8uuonisod 2s0Y,(x°9) ALIAM NAHL GAWWNA, 0T FWVNAD) Al 20T 4EAIEDAY 40 SALYNIGE00D YALNA(+'9) ALIEIM
NAHL (1'033S0dUD A1 dni () avad OFIN ‘1 =10y Od
FS0Y! (+'§) avad ,; platgaaem 8ui0d- (0) NMOQ 40 (1) dN+'9) LLIEM FTLANDFUN (x'$) AvIAY
A=1 (pawem swesderp 350, (+'9) ALIAM P AENYNDAUEDINVYNA = FINVYNA ((LNO, 0T WIO4HD) I ¢ A1 Ut ou *pajuem susod 931 Jo "0u I (x'9) ALIEM
diaimi (s) avad (£V) LYWYOA IS ANNILNOD 0t
A= (sd1p o1 3m,(«'9) ALIIM WIOAHI (16'S) avad (DYOSZ (NYOSX (+'§) avad
SWIOAI (x'S) avad y 311 JO LNO/NI FPEaH (+'9) ALIAM 2T ADUN0S 4O SALVNIAH0O0D YALNA'9) ALidm
(A=1) 5852 jo s91312ud swu Aenby(4'9) ALIAM (STV) LYWYHOA 05 YOSN ‘I =108 0d
£6/5/L uondo mau d ) AWVNA (05'$) avad YOSN (+'s)avad
UWN_OUN— A*.mv aviad ' : BEm_E ) o_CEm_u ._C weu ._S:m__f.@v JLM o w:C_:wca A2INUS JO ‘ol ._.d:m__A*.ov JLIdM
,J[Etu129p Burpurewar uondau0d MeIS(«'9) ALIYM 4714 VLvd NI dvad D SALVYNIGI00D ¥IAIFDTY ANV ADUNOS dN L3S D
DFYOIN sy avad ‘081 /1d » 4did = d¥dId J1aN3
,; 423911 U019 INEIS(+'9) ALIIM 081 /1d » Sd1d = Sd1d | - (QIIOZAAHLIIANIHLIAA)LN] = ZN
dIMOLL (+'S) Avay AdIA 'SdId (+'S) AvIY I+ (AROXAANIAX - XYIWX)LNI = XN 1T
JAdde o1 (1L jo 19mod) uondauod guipeaids 1o1ug («'9) LLIYM , SOAA Ni SAVIIV 034 ANV d0S A0 Sd1Ai(+'9) ALIdMm TWIZ 'OWIZ ' TINIX "ONIX (x'S) avay
[HOFAL LOHSAI (+'S$) Avay AJONLS (+'S) AVIY ; (1Z°02Z: 1X'0X) vate pud Suidew 1aum (+'9) ALIAM
1908 931 1541 *8821801) JO @[ 10U («'9) ALIMM ) JJomno Guryoms YFLNF(x'9) ALIUM XVIWX NIWX (+'6) avad
41aNd 1= XN OT ALDIAD A1 SANTVA-X WNWIXVIN ANV WOWININ YELNT(+9) ALI-IM

¥+ (2 + YINVSN) = N3 ALDINIL (+'6) avad annza 'aroxda (+'s)avay



(0DNV "4OSN)OYIZ 1TVD
(SNV.L "YOSN)OYIZ 11VD
SDNV'0DNY D
Ot SHIONVY "(H0sU)SNV.L AVEEY OLNI SHWIL LNd D
LNIOd 32d4N0S HOVA Y4A0 dO0OT D
0'0=3DVLS
01Z OL OO (IWIX "LD" LYV.LSX MO OWIX "LT LIVLSX) dl 2

YIHLVYD LNIOd HLdId NOWWOD D
OWIX = LYVLSX (S "OF ALDIWD Al
0=3aLNNN
41ANd ¥91
0 = 3sodr
FNNLLNOD £91
4IaN3
¥91 0LOD
0=ONVOIN
| = 4S0Ur
NAHL (1DSXISOY 0T LYV.LSX) 41
XAN'I =1¢£91 0d
NAH.L (1"03°Z3S0df) A1
NIWX + QrdoXda » (1 - 1D = LAVLSX
XN'I=110120d
ATIVLNOZIMOH LNIOd 3DVIWI HOVE ¥4A0 4001 D
v LAVLSZ ¢ yidop SuneaBiw,(«'9) ALIIM
anunuod 891
(QHSNTd TIVD >
(LAVLSZ ' widap BuneaBiW ) IvIYZYE 1IVD 891 2
ease SuiBewn uiyim uiod adeuwy O
02z 0L 09D
J1ANA
ANNILNOD  $9I
ANNLLNOD 991
JIANA
1+94SOYUN = 3SOUN
(ASOANMIAN' =1 (I'ISOUNIMIA) (HSOAUN)JIAN |
(FSOUNISOYZ (ASOUNISOUX (+'T1) ALIYM
LYVLISZ = (ASOYNISOUZ
LYVLSX = (ASOYNISOAX
ONVOUN = (ASOAN)MIAN
0=DONVOIN
NAHL ()SX3ASOY 0T LUVLSX) Al
XAN'I = 1991 0d
NIAX +aidoxd » (1 - 1) = LYV.LSX
XN'I=11§91 0a
NAHL (1°03'Z3as0odn 41 L9l
4IaN3
891 OL 0D

4813
L91 0L 09
N3HL (LOEZ "LD LVLSZ ANV 0°03 dn1) 4138719

ATAEHIAVYM DNIOONMOA ¥OA MOAHD O

(91 OLOD
NAIHL (dOLZ LT L¥VLSZ ANV’ [ 0T dND) 41

ATAHIAVM ONIODAN Y04 HOFHD O
12413924 ay) 1sed aFetur 01 Sunuem Jo ASNEDY N0 PAUWIWOD dUN SIY, 20ZZ OL 0D (IWIZ LD LEV.LSZ MO OWIZ LT LAVLSZ) I

0 =3sodr
0 =Z3S0df

dNNLLNOD 191

41AN3
791 0LOD
| = Z3SO(l
NAHL ((DSZASO¥ 0T LAV.LSZ) d1
ZAN'1 =1191 0
ardozd « ff = LIVISZ
ZN'1 =072 0d

HL4Id LNIOd 3OVIWI HOVE d3A0 4001 D

0=dNNO4l

0=1S071

| =H4SOIN

JdOTXVIN = STIYLN

LOHSI (+x'S) avad

,- 9ABS 01 38Rl JO [ T (+'9) ALIYM
AIWVYNA (0§'s) Avad

\ afewi oy apy indino jo awreu 1y, (4'9) ALIAM

(924N0S"12A12221'3WINNDSD AVIUV NI MON V.LVA D

41 aNd
(01)4S0O1D

ANNILNOD 091

A1 ANd

ANNLLNOD 0sl
ANANLLNOD ovl

(DXD = (I A'DDSD
OWVSN'1=10v10d
(014 XD "ONVSN) LA TTVD

L4 FSYHANI O
ANNLLNOD ot

((DXD)DINOD = (I - T+ OWVSNIXD
12 % (DXD ={(DXD
41aNT
OANA /(I -OAND) 5 ¥+ 1D =1D
C1+°1) # (87 €+ (OWVSNYTVILLEOS = 1D
NIHL (t/OANI«E "LO" 1) i
Cr+7 1) (1 - DTVIRLAOS = 1D
(I-D+4a=1d
T/OWVSNT=10¢10d

91

9GSV

dINVY S+ VOIWO A XD ATdILTNW ANV ASVHd 01 #/ld PPV D
0D+ (1 + ZJOWVSNIXD = (1 + Z/OWVSNIXD
00=0D
C1+1) « (TOWVSN)TVIALADS = 0D
00=(1)XD
144 QYVMAOA D
(0°'1- XD '0OWVSN)LiAd TTIVD
ANNLLNOD ozl
(rY'DOSD = (NXD
OWVSN ‘1 =10T1 0d
DFUN ‘I = M 0st Od
(ZOWVSN)TVId / OANd = 44
1a/s =OANA
NAHL (1 03" NVIWMAN) I
AgAIaAN A1 YJOLVYAdO TVILNIYAAAIA-T/! ATddV MON D

AIANT
ANNLLNOD oll
ANNLLNOD 001

SINY /(W' DDSD = ('¥'DOSI
OWVSN ‘I =1001 0d
DAUN 1 =N 011 0a
NFH.L (1'03'SWd03D Al
08D 40 STIDYANT SWY ALVNOT MON D
((OFTANKOWVSN)TVIU/SIWA)LAOS = SWA
ANNLLNOD 06
ANNLLNOD 08
T (N DOSD + SWA = SWY
AAMOL ++ {DTVIW) * (CN'DOSD = (I H'DDSD
(OFTHOON+DAWAL=(I"I'DOSD
OWVSN ‘1 =1080d
dz OL d-£ WOYd VLVa LDAYY0D D
P DTAN . QHODTY WATAOUd, «LNIAd (0ANPN) At £6 O
(ONVSN t=1"(DdWNAL) 1 D
(£6=ANT vH=LV.LSOI DTUN=D3Y01) Avay >
(OWVSN' 1=1'(NdWAL) (PH=LVLSOI'DTAN=D9Y'01) AvIY
N+ 1-14D3d 1 + DAUF = DAAN
DAAN | =N 06 O
SIIpEIY pead ) 1Y duif € HISUl ucxn_: J
00=SWi
41N
1+ (LOHSAI+Z -0« (1 +3T14UN) = DTA(
as714
(LOHSAIl + T - 1) + ATAYN = DU
NAHL (.LNO, "OA° WIOAHD J1
(9)HSNTA TTIVD >
(r*, " LOHS DNIAVIH)ILNOZYY T1VD >
YOSN ‘1 = 1091 0d
J1aNd >



(LOWYEAY LT (21ds't - DNVIX)SEV) dI
as14
061 0L 09
ADNVY 40 LNO ONVIX, (+'9)ELIIM >
NAHL i
(DNVYAV LD (TId+'¥ - ONVIX)SEV) dI
NAHL (1d "LD DNVIX) di
T/OUVIFHL ¥ OVLIHL) = ONVIX
ainuade SuiSewn uiyim Let J1 305 1 Y2IYD D
41aN3g
ATHIHIAY M DNIODNMOA Y04 ¥OFHD D
061 OL OO ((TTDOFUZ LD LAVLSZ) Al
gk
A TEAIHFAVY M ONIODAN Y04 ¥DIHD D
061 OL 0D (T1DAYZ "LT LAVLSZ) 41
NAHL (103 dN) 41
J1 AN
061 OL 0D (NWLAHL LD IVLAHL + Z1d) A1
4814
061 OL 0D (NWLIAHL LD’ [VLIHL - 21d) 41
NAHL (0°0 LD’ I VLAHL) 41 45713
061 OL 0D (NALAHL 1O 2id - 1VA3HL) I
NEHL (z1d "1D" 1VIdHL) 4198713
061 OL 0D (NWLIHL LD IVLIHL - Td«€) A1
NAHL (Id "LD" [ VLIHL) 41
061 OL 0D (0003 1NVD dI
(T1DOONV = OVIIHL
(TDIONY = I V.LIHL
(THILOLA = 1LOLA
ININVL=~ INVL
OHYN ‘I = 171061 O
YAAIFOTY HOVA 404 4001 D
41aNd
ATFI4IAV M ONIODNMOA J04 MDIHD D
00T OL 0D ((MAYOSZ LY L¥VLSZ) di
45713
ATIHIAVY M DNIOODdN Y04 ¥OFHD D
002 OL 09 ((IAYOSZ LT LUV.LSZ) Al
NAHL (1 "0 dNb Al
41aNd
002 OL 0D (NWIFHL LD 0V.LIHL + ZId) dI
4s71d
00Z OL 0D (NWLIHL LD OV.LIHL - T1d) I
NAHL (00 "LO 0V.LAHL) 4195713
002 OL 0D (NWLFHL LD 2id - OVLAHL) 1
NAHL (Z1d "LO 0VL3IHL) 41 3S1d
007 0L 0D (NWLFHL LD OVLAHL - Tid+'¢) Al
NAH.L (Id "19 OV.LAHL) Al

002 0L 0D (000" 0NV.L) Al
(IM)SONY = SYLIAHL
(IN)OONV = OV.LIH.L
OISLOLA = 0L0Ld

(IN)SNV.L=0NVL
HOSN I = XM 00T Od

A2YNOS HOVH Y04 dOOT D

FNNLLNOD 08l

| + ANNOAI = ANNOA!
OV.LIHL = (TTIDONV
IVLIIHL = (TDIONV
1LOLd = (TDYULOLA
INv.L=(11DaNvL
41 N3

081 OLOD

| + LSO =1SO01

ANNO:A LON AVY D

NIHL (STIRLLN "0F AVUN) Al
JIGNI
(AVYN ‘1LOLd ‘DVLIIHL ' INVL I VIFHL ‘dVLIHL T
‘SANLLN DDV ‘d1¥DZd ‘ANJZ ‘ANTX 'LIVLSZ'LYVLISX |
‘AA ‘HA 'HLdId ‘HIJIAN ‘XVAVINIVILAVE TIVD
4514
081 OL 0D (1'0F LALSI'ANV'0' DT DONLLSD dI
LYLSI+LHl = L3yl
(LALSINAYMI'DVLAHL IVLAHL AVEN €
‘SHILLN DOV dALSV'ASY' XVINZ XVINX'ZTTEDI T
XTT13D! ' ZXTID1 "LIN'STTIDIZX0d X X0 SAVION |
‘IAVL TLOLA LIS SAIO0DI W I LAVE TIVD
0= LYLS!
0= NAYMI
(T1DIYZ=(9)SAY00D
(110FAX=(r)SAAO0D
LAVLSZ=(£)SAI00D
LAVLSX=(1)SAI00D
NAHL (T OT YHLAWAI
41aN4

2

ATAIHIAVM DNIODNAMOA JO4 HDAHD D

081 0L 0D (ANFZ LD 00 + LAVLSZ) 4l
ENRE!

o]
J

ATAIIIAY M ONIODdN Y04 HOFHD D

081 0L 0D (ANTZ LT 00 - LAVLSZ) I
NIHL (1 '03 dNp A1
(TDOTYZ = ANAZ
(T1OAYX = ANIX
DFUN ‘I =T11081 0
(DONV "DFAN)OAIZ T1VD
(IDNV “DFYN)OIIZ T1VD

3
ol

LSV

(ANVL DFTANIOYIZ TIVD
66=dVI3IHL

SI9A13024 01 2001 AVY MON D

FNNLLNOD ol

1 + ANNOAI = GNNO41
SV.LAHL = (INISONV
OVLAHL = OIMODNY
0LOLAa = (MIN)sLoLa
0NV.L = OISNV.L
J1aN3

0Ll 0L 0D

JFYN + LSO = LSO

(NNOd LON AVYH D

NIHL (SAIALN 'OF" AVHN) 41
AIANT
(AVYEN '0.LOLA 'SV.LAHL '0NV.L 'OVLIHL ‘dVIEHL T
STNLLN D2V ‘dI¥9Za ‘ANAZ "ANAX "LYVLSZ "LYVLSX |

‘AA HA 'HLdIQ "HIdAAN 'XVWVIN)VILAVYE T1VD

4513
0L1 OL 09 (1'0F LALSI'ANY 0’0 DNLLSD dl
LYLSI+LSI = LS1
SV.LAHL 1d=SV.LaHL
OV.I3GHL 1d=0V.LAHL
(LYLSI'NAYMI'SVLIIHLOVLAHL AVIN €
‘SHNALLN DDV dALSV'ASY' XVIWZ XVIWX'ZTT3D1 T
XTIEDIZX 1IN LIN'STIEDI' ZX09 X X0 SAVION |
ONV.LO0LOLA ML WIS SQA00DIV I LAVYE TTVD
0= LALSI
0=NAUMI
(M AYOSZ=(9)SAYO0D
LAV.LSZ=(£)SAI00D
(H)SAYO0DI+LYVLSX-(AMNIOSX=(1)SAI00D
GPDYOSX-XTTADX X0 a=($)SAY00D
NAHL (T O JHLANW)AL
00=0NVL
66=dVLIAHL

AINIOd FDVINI WOYUA ADYNOS OL IDVYIL AV MON D

A1 ANA

bl

ATAHIAY M DNIODNMOA AOd ¥DFHO D

0L} OL 0D (ANAZ LD 00 + LYV.LSZ) 4l
38713

d
o

AT3LATAY M ONIODdN Y04 HOFHD D

0L1 0L 0D (ANTZ LT 00 - LAVLSZ) dI
NAHL (1 03 dND Al
OIMNIOSZ =AaNTZ
I)YOSX = ANTX
AOSN "I =% 0L1 0d
(SONV "4OSN)OYIZ TIVD

J
J



ODETT -N+HLN)DSI#(£S9+7S8+158) + SO = SO
(e (1-X)+LAONVLa(1-3)6T)LADS = £S€
(T4 A+LAONV LA+ T)LUOSL- = TSH
(T THN)HLAONV L1 +NH)2)LEOS = 1SH
OINTT -M+LN)DSD4(£08+208+1048) + DO = DO
(Tax(1-W)+LA/INV.LA(1-N)2)LH0S = £08
(e M+ LA/INV.LeA+T)LUOST- = 704
Tas(IHN+LANINVL(+X)T)LADS = 104
LINIT'L =X 161 04
J1ANA
IH=XVINLN (XVIALN "LO" 1) dI
NAH.L (NSN LD TH) Al
- LINTTA+LN =T
oz = LIWITI

001°0S°0Z=1WI[Y UdIMIdG JJIp OU 1I[IAEM YIuAS Y 10]

00=S0
00=00
J1aNg
SY.LAHL = STHL
OV.LIHL - Id = D3HL
CgE
OVLIHL = D4HL
SV.LAHL - Id = STHL
NAHL {(1)DFYX LD (1)JOSX)4I

uoissasdwod = yead a1 fisejod DIS 9519421 3A18 |14 S1Q1 D
aoeds ajoyqenur utyum Kiejod awes Sy LFHL pue OV.LIHL 9w 019

061 OLOD
(0003 0NV.L YO 00 0T INV.L) 4l

TTHAYY39 =6 O
THHAYYIL QISITVYIINID =8 O
TNHAYYFE L1'1dS=L D

NAHL (6T ALOINIANY LD ALDIAID 41 3573
J1dN3
T 4 TLYDSD # DVd =DV4d
(0°Z/LVOS)SOD = TLVISD
1VIAHL - OV.LAHL = LVDS
NAHL (+ "'OF" ALDIWD Al

({(1NVLONYL.LEOS T
(DVLIHLSOD)SEV+DSA + (0NV.L/INV.LLAOS |

+((SYLAHL)SOD)SAV+SSA) = DV
41 aNd
0'0=9DOVLIHL
00=SV.LIHL
NFHL (s 03" ALDIWD 41
'T/1d - ddid - OVLAHL = DV.LIHL
"T/1d - Sd1d - SVLIHL = SVIdHL
061 OL 0D
(0°0°03 0NV.L ¥O 00°0F INV.L) Al

((SV.LIHL)S0D)SAV » (ONV.L/INV.LLIOS = DV4

(OVLARLISOD)SAY » (INVLONVLILIAOS = DV

|e18ayu) Ly 40 ISl YD D
NAH.L !
(% '03° ALDIWI O £ "0 ALDIWD 413873
41aNT
(SAHLISOD + (ONVL/INVLILIOS = DV
45713
(D3HLISOD + 1INVLONV.LILYOS = OV
NIHL ((AdDXA«1-(1)039X)sav !
AT (ARAOXAN-(1)HOSX)SHV ) 1
J1AN3

4874

NIHL ((@OXA+1-(1)D3YX)ISEV i
T (ANIOXAN-(1)H0SX)ISAV ) Al
dIaNg
SV.L4HL =~ SFHL
OVIFHL - Id = DFHL
as1a
DV.LIHL = DIHL
SV.IAHL - Id = SHL
NAHL ((D)034X LD (1H0SX)I

[STRES I IS R & e

1241 JO1J2 9 3Y) INO JUDURLOD PUE § 1X3U 3y JUILUWOIUN *SIUI| £ 1X3U D
3Y) INO JUBLWOD *SIY) 1[B 3NH LUOP NOK J| *213y) 3G 01 31 Joj uonesynsal

[£21121091) OU SE ‘SO0 AY) WOLJ 19Y981q SV Y} PRAOWAI A ] 3
5

aseds ajoyqenut uigim Kuejod swes SV IFHL Pue OV LIHL 33w 019

'2/1d - SdId - SY.LAHL =~ SVLIHL
"Z/1d - ¥4dId - DVLAHL = DVLIHL
061 OL 0D (0009 INV.L) 4l
TVIDLLNI AAOHHDUIN LITdS D
NHHL (9 °03° ALOIWD 413513

((OVLIHL)S0D)SAV + (INV.LONVLILIOS = DVd

"T/1d - 4dId - OVIGHL = OVIIHL
061 0L 0D (000 INVL) I
AVEOALNI A40HHDHIN O
NAHL (z "03° ALDIAD 4138714
0'1=0vd
SDV.LS NOLLDV U-411A JA0OHHDHEIN O
NIHL (1 03" ALOIAD Al
m:C:QC s jeut mOU Yyl punoe J
ﬁuzuﬂ_s mm_< Y 10§ :C_Eo_v_:mz_. _mu:u._Cu_: Ou sy ey gN 2
J1aN3
IN=XVILN (XVW.LN "LO" IN) 41
NIH.L (WSN "LO" LN) di
1 + (LA/LOLL)ANI = LN 5

1+ (§+DFAODA+LA/LOLLILNI = LN 3
dn punod sSuiy 1ey) 0s *Ja113q uaad sdeyad 1o >

8SV

1+ (OFAODY+LA/LOLL)LNI = LN
“3l0JAUdY L ISI Y UBYL JAYIRI U] 1B UIDQ ALY PINOM Ydiym D

ardwes puoaas a1 dn yord pnoys i udYL 6y 1<-¢ 1=LA/LOLLINING D
“yEnoyl BIEp 341 1IyS LUED AL "§'0<-£T U 'T'TT Ajlemae ulod 3

RIS J1ING | 01 YOBq PAAOW £T LIES UDY) ‘7T WD 18IS J 8
UOLIL0D LIS
1a8:u1 uou e 10§ Aesuadwod 01 213y Ut Suyiawos ppe K(gissod
INVL+0Nv.L=1L0LL
s [aaed) sjedoadde a8etur 0s pUNOJ I9A12331 pUE XNV 5
A1 ANA
(ZId + ONVIX)SEY = DNVIX
AL ANA
41aNT
Z1d + ONVIX=(DNVOANFSOUN)HIA
I+ONVOAN=DNVOAN
NAHL (1'02'3S0UN 4l
1d + ONVIX = (I +(IDVLS)LND¥AVdId
1 +3LNNN = ALNWN I
(LONYAY "LT (Tld + ONVIX)SaV) I
ERgE
061 OL OD
AONVY 40 LNO DNVIX, (+'9)ALIIM o
NAHL |
(DONVYY LD (ZTId + DNVIX)SEY) 41
48713
(Zid - DNVIX)SEV = ONVIX
A1 ANT
A1ANT
ZId - DNVIX=(ONVOAIN'ISOANNIA
[+DONVOIUN=ONVOUN
NAHL (1'02'aS0U0) di
ZUd - ONVIX = (1 +(DVILS)LNDIYVIIa
1 + ALNWN = ALNAN |
(LNWYLY LT (T1d - DNVIX)SEV) 1
as71d
061 OLOD
AONVY 40 LNO ONVIX, (+'9)aLIdM ’ S
NIHL |
(DONVU4Y LD (Z1d - ONVIX)SEY) dl
NAHL (00 LD DONVIX) 413513
(Z1d+'¢ - DNVIX)SEV = ONVIX
41 AN3
AIANT
Z1d+’€ - ODNVIX=(DONVOINISOANIdIA
1+ONVOAN=DNVOAUN
NAH.L (1'03'ISOY() dI
Ld+'€ - ONVIX = (1+MDVLS)LNDAAVdId
1 + ALNAN = 41NN |

QLo



NIHL (203" LYV.LSX) 4l
AVIDFY 1VOIDOT
QOLIHL QUOIWIL A L)LSIA (E)SLNIX Tvad
CXVIVINAA (XVNVINIHA (HIJIANIHLLAA Tvad
(AVYN "LOLA "IVLAHL0NVL 'OVLIHL 'dVLIHL ¢
JOIXVIN DIV 'AdDZA "ANIZ 'ANIX' LYVLSZ "LIVISX |
*AA ‘HA "HLIAA "HLJAAN "XV VIN)VALA VY INLLNOYENS
0661 Aeipuid r W A€ NALLLIYM
SN SNOLLVIIVA ALIDOTAA TVEELYTON 'g'N
[661 M:( weylogmoy ._..:Uo—v pPojaaen AdUBISIP [BlOf, = FOFQ
pordwane aq o1 sayaseas yedKed Jo ou wnwixey = JOTXVIN
uotieadnu &g pasn azis pud [BJIUDA = Q1YOZA
syudop (1+X VINVTIN) 248 21041 ts1ake] Jo "ou [e101 = X VINVIN
AN [aARA = ON VL
(QNIZ'ANTX) 1® 2|3ue yedAes = Ty LAHL
8w o1 puozEoy=0'0 (Zdy <-- gad-) a18ue jjuaNer = OV LIHL
wod Suneis jo 1ae = OWIAVT
sanaw ur Koeindoe Suidenies sauyap DOV S3qelEA D
(19481} HA ‘(3KeAA (dordhepHidad O
* A€ dANI3d 13l ALIDOTIA TVNOISNIWIA-TNI O
(ANTZ'ANIX) OL (LYVLSZ' LAVLSX) D
LNIOd WO¥d FDVILAVY OL ANLLNOYENS D
2
ONIDVILAVY ddAVT 2
O

vLVLOLLLOLLOLOL

ang
LUFLSI= 175 shed 1y3ens, (' 9)A L1dm (20T dHLAWAL
(XVILLN <239 150w SN Udyl ‘o< JD,(x'9) ALIAM
XVIWLN' =(ASN ueyl $$3] J1 0=) X VINLN,(x'9) ALIdM
WSN'= IWSN.(+'9) ZLIdM
T0¥Ad ' > LSOT LNADUTdi(5'9) ALIM
(ANNOAI + LSO TVAY / (LSO VI + 001 = 10¥dd
ANNOAL ' = SAVYE ANNOA(+'9) ALIIM
1SOT > SAVY LSOT(+'9) ALIIM
ZN XN NI =ZN XN ‘NAT(+'9) ALIM
(1) d4s01D
ANNILNOD 0T

(ZN 1= OFDIDOVIND OIAX=D34° 1 1) AL1IMm

M +d9d02d1 = 234

NINX + QIIOXA + A = WIX
XN 1 =30£720d
(ZN'1=1"(DV) (3a0DAI=0dy° | 1) ALIdM
FA0ddl ', A¥0I3Y OL ¥AAVAH ONLLIYML+'9) ALIYM
(NTT=1D3¥ A4 LLYIWHOANN, =WH04'.L03¥1A=SSADIV |
"NMONINN=SALVLSIANVNA=TTI4'I |} NIdO
1+ (1 +XN) « (I - LOHSD =3doodl
(Z1)ASO1D

ANNILLNOD 07T
HLJAd Al¥O LX3AN O
ANNLLNOD 01T

(1 - T+dND1VAY
+dVLT13A + U DA9VIAL = (' DIDOVINL
ERYE!

NOILISOd a9 LXAN I (1-TxdNTVIA+dV.LTEA = (1+OIDVLS)LNDATOHII

0= ('rOIOVINL (0 'O ALNWN) dI

2nade MOLIBU WO SUONNGIIU0d ON J uod STINN D

41 aNA
0'0=(I'INADVINI
4814
MOVLS / UI'fDADOVINL = UI'TDADVINL
NAHL (440NLS LD HOV.LS) 41 AST13
ANNILNOD
JIGLMN/WIdWALL +
I r0anvL = U1 rDanvn (0 EN° dIALMN) Al
ANNLLNOD
J1aN3
1+dILLMN = dIALMN
(NDQTOHNI + WIdNAL = WIdWA.L
NAHL (OTONY 3D (NYuvdid
ANV IHONV LT (D34 vdIa) 41
ANNLLNOD
AIANT
1d+T + (NYYVId = (NYAVdId
NIHL ((9¢/1d-) LT(DYAVdIQ) 41 3513
Id+2 - (DYYVIA = (DYFVdId
NAHL ((9£/1-D+Id) D (N AA VIIA) Al
S'1=M¢£070a
MNOVLS "1 = 120204
081/1d * (S1 - 0141) = OTONV
081/1d » (S - 0141} = IHONV
0= WIdWAL
0=dIALMN
9¢ ‘1 = 0T0d
NAHL (0 LD ¥OVLS ANV | 0T dIdLMD A1
J1aNA
1+49SOYN = ASOAN

((BSOYNNIAN' 1=1'1'ASOUN)AIA) (ASOUN)IAN |

(FSOUNISOUZ (ASOUANISOUX (+'T1) ALRIM
LAV.LSZ = (3SOUNISOAZ
LUAVLSX = (SOUNISOUX
ONVOUN = (ASOAN)IAN
NAHL (103'3s0dN dI
JNNILNOD

ANNILLNOD

01 + MIVLS = ¥OVLSO 0 LO (AN TTLNIDSD)SEV)I
J1aNF

00z
NOLLISOd 304N0S LX3AN D

NAHL (10a didaLmi 41

A1ANT

dWVY 4 DV « DI TTAN)OSD = dv.LT1ad
4874

dAVY » JV4d =dV.LTad

NAHL (63T ALDIWIANY L 3D ALDINWI Al

10 AOLVHYIALO JAOHHDUIN YddV.L D

! d1aNg
(dv.LydV)/
((dV.LAdV - DNVAY) - (DNVIX)SEVY) - 0'| = dAVY
qs1d
01 =dnvy
NAHL
| ((dV.LHdY - ONVHAV) LT (ONVIX)SEV) i
J1aNg
JIANA
1L01AA0LOLA)LIDS
(DIHLISOD+OSA+D0 = DV
45814
1LLOLAAOLOLMLIDS +(DAHLISOD+DSA+DO +
0LOLA/(1 LOLA)LADS(STHLISOD+SSA+SO = Iv4d
J1ANd
dIAQNT
O3HL1d = DFHL
481
SHH.L-1d = STHL
NAHL ((LYVLSX-(1)D34X)sav
T (LAVLSX-(YOSX)SEV ) Al
NAHL (00 LO(LAVLSX-(1)D3dX)
ANV'0'0' LD (LYVLSX-(1)40SX))
OO0 LTLAVISX-(1)DTAX)
ANV 00 LT(LAVLSX-(1DA0SX)) ) dI

(4114

$210Ya10q aY) e Youms Aluejod aynwaadid o) J1siyL D

NAHL (8 ‘03" ALOIND 4135713
J1aN3
0LOLAA 1 LOLA)LYOS+(STHLISOD+SSAxSO = DV
95814

(DAHLISOD+DSU«D0 = DV

061 NIH.L ((LAV.LSX-(1)D3dX)SaV
HOVUL 43AIEIDFY LXIN O

FT (LAVLISX-(DYOSX)SAY ) Al
NAHL (£ ‘03" ALDIND A1
ANNILLNOD

1 LOLAA0LOLA)LEOS +

65V

MO INOU NOLLNEILNOD 40 NOIS S3S33ATY O



4ST4
(AVIN)HLLAA = OdZ
0dZ - (AVIIN)HL43d = Za
NIHL (Id "L’ VLAHL ¥O 0°0 LT VLIHL) 41
ANYL = AVIOIY (HOSAVT OA° AVTIN) dI
41 aNg
€9+ VIAHL = VLAHL
NAIHL 1
(-1 LT (d - V.LAHL)ISEY O €31 LT (VLIHL)SEV) dI
ANNILLNOD 06
DWIAVT= AVIN
OV.IAHL = VLAHL
LYVLSZ = OdZ
LYVLSX = 0dX
J1aNa
ovi OL 0D
V.L9H1d - OV.LIHL = OV.LAHL (Td+'€ LD OV.LAH.L) dI
NAHL (Z1d - "LT OVLAHL 'O’ T1d+'€ "LO  OV.LAHL) dI
ANNLLNOD 08
*0001- = ({IF)SLNIX
e =(rf 08 0d
(LSIA ‘1£)OY9Z T1VD
HSTVA = AV103Yd
(AWIL ' 1£)0Y3Z T1VD
1=~ AVIN
dOTXVIN 'l =10¥1 O
DNIDVILAVY LYVLS MON D
00=10Ld
00=0NV.L
$0'0 = VLIHLA
6d1- = LLNIZ
631 = 4LNIZ
41AN3
0S1 0L 0D
OVLAHL = V13HL
41 ANT
od +L01d = 101d
(JOSAVTDAA /00 +0NV.L=0NVL
ANHZ - (1 + YJOSAVTDHI4AA =0d
INNLLNOD oL
0dq +.L0Ld - L01d
0L +0NV.L=0NVL
(INDAA /0d = 0L
(TIN)H.LAAA - (1 + IN)HLAA = 0d
-1+ HOSAVT'l - DWIAVT="IN 0L Od
od = 101a
(DWIAVTAA /0d =0NV.L
(DWIAVTHLAAA - LYV.LSZ =0d

dn D
as1a
0d +10.La = 10oLa
(JOSAVTDAA /0A +0NVL=0NVL
(JOSAVTDHLAAA - ANFZ = 0d
ANNLLNOD 09
0d +.101d = LoLd
0L +0NvL=-0NvL
("IN)AA /0Q = 0L
("IN)H.LAAA - (1 + IN)H.L4EA = 0d
1 - HOSAVT I + OWIAVT =N 09 Od
0d = 10ia
(DNIAVTDAA /0d = 0NV.L
LAVLSZ - (1 + OWIAVDH.LAAA = 0d
NMOd D
NAHL (ZId 'OF° OV.LI3H.L) 4135713
od =.L01d
(BOSAVTDAA /0d =0NVL
(L¥V.LSZ - aN3Z)saV = 0d
NAHL (DWIAVT OF YOSAVTD dI
SHLVAAVY TVILLYAA 404 ASVD TVIDAdS D
48714
J1AN3
10" = gVLAHL
10" - 21d- = LY.L3HL
4513
10' +21d = gVLAHL
10 = LV.LAHL
NAHL (00 LD 0VLIHL) A1 ST
10 - 7ld = dV.LAHL
10°+1d = LVLAHL
NAHL (ZId LD OV.LAH.L) 419514
10" - 1d = §V.LIHL
10"+ Tl « 't = LY.LFHL
NAHL (1d LD OVIIHL) di
NAHL (LYVLSX BN  ANAX) i
41 aNg
1d + OVLAHL = OVLAHL (LYVLSX LT aNax) di
(OVIIHLINV.LY = 0V1dHL
(LYVLSX - ANAIX) / (LYV.LSZ - ANIZ) = OVLIHL
45713
Tid + 1d = OV.LaHL (LIV.LSZ "L'T AN3Z) d1
71d = OV.LIHL
NAHL (LYVLSX ‘03 dNIX) 413ST1d
dV1dHL =0V.IdHL
NAHL (Id+T LT dV.LAHL) 41
(J0SHYOSAVT Ul (ANFZ'ANAX) D
OL DWIAVT AR Ul (LIV.LSZ LYVLSX) WOUd DNIDVYL D

09V

41 ANF
41 aNg
| + YOSAVT = dOSAV
‘001 /AIIDZA + ANIZ = ANIZ
Egk!
001 /A1IDZA + ANTZ = ANIZ
NIHL (LYVLSZ LT aNT2) 4l
NIHL |
001/ ZA LT (ANIZ - (i + HOSAVDHLIEA)SAV) dI
41 aN3g
41 aGNd
I + OWIAVT = OWIAV]
001 /AIYDZA + LYVLSZ = LUV.LSZ
4814
001 / A1YDZA - LAV.LSZ = LUV.LSZ
NAHL (LYV.LSZ LT aNdZ) d1
NAHL 1
Co01/ANDZA LT (LAVLSZ - (1 + DWIAVTHLIAWSHY) di
AAAIIDTY / ADYNOS OL LNIOJADVINT WOUd ADVHELAVY D
ANNILNOD O
FNANILNOD 0t
41 AN3
oY OLOD
IN = JOSAV1
NAH.L (001/A1¥40Zd - ANIZ "LO (1 + IN)HLJIIA) Al
XVIWVIN L ="IN Ot Od
AFAVTLNIOd GNT INIWHALAA O
FNNILNOD 0T
ANNILNOD 01
41 aNg
07 0L 09
“IN = DWIAV
NAHL (00 1/a1¥9Zd - LAVLSZ "LD (1 + INJHLLAA) dI
XVWVIN I =7IN 01 Od
HAAVTLINIOd ADVINI ANINYILIA D
41 aN3
0$1 OL 0D
0'0=10La
00=0NVL
NIHL(ANIZ '0F LYVLSZ ANV ANIX '0d" LYVLSX) dl
HLVdAVY HLONTT-0¥4Z 404 ¥D3FHO O
1= AViN
T/1d=Td
SES9Z6SIPIE =1d
1 =DV141 (00 ' O3 ANJZ'ANV 8 |

‘OF° ANIX ANV’ 11 "OF LIVLSZ ANV 0'0 'OF' LYVLSX) dl

0=9Vdl
41ANd




19V

0dZ = 4.LNIZ N3HL ((1d L7 * V.LAHL 1 (T++HSVAZA + Te+HSVAXA)LADS = (AVIN)LSIA
OV.LAHL = dVLIHL ANV 00 LD VLAHL) ANV XVIWVIN ‘O3 AVIN) 41 d4ST4 AaNNO4 AVY D
48714 ov1 OL 0D NAHL (DDV "L'T (ANAZ - LNI1Z)SEV) I
OdZ = LLNIZ (dVIAHL + LVLIAHL) » § = 0V.LIHL NOILISOd 324N0S OL ASOTD 41 33S OL ¥DAHD D
OVLIHL = LYLAHL 4§ GN3T 41 AN
NAHL (ANFZ LT 0dZ) 4l LNIZ = 9.LNIZ HSVAZa + A10Z = LNIZ
NAHL (1d "LO" V.L3HL) 41 OVI14HL = V.L3HL Xd /HSVAXA « Zd = HSvVAzZd
NAH.L i NAHL | a10x - ANJX = HSvaxd
(LI4D L7 (1d - V.LAHL)SEY O" LIYD LT (VIFHL)SEV) dI (@NFZ LD LNIZ ANV’ §LNIZ "LT INIZ) 41395813 _ Zd - 0dZ = d10Z
LIYD - 2id = L1YD LNIZ = LLNIZ Xd - 0dX = A10X
(WALINV.LY = LI4D OVIAHL = LVLAHL 3814
(Tx+NAL - 1)LHOS / WAL =~ WAL NAH.L (ANTFZ LT LNIZ 'ANV' LLNIZ "LD" 1N1Z) 41 (Zd - 0dZ) - ANJZ = HSVAZA
1A /0A = WAL J1aN3a 0'0 = HSYaxda
1NO dNF OS TYDLLIYD LON AVY D (VLIFHLINVL+MIANXA)SEY - OdZ = LNIZ 0dZ = LNIZ
021 OLOD (1A 3D 0A) dI 45714 NIHL (00 04" XA) 41
JIana 63'1- = INIZ LNIOd NOLLDASHILNIANIA D
(1 + AVINIHA = IA NAHL (Z1d "0 (VLAHL)SAV) 4l NAHL ((ANIX LD OdX 'ANY Tld d7T 1
3s1d OdX - ANAX = MANXA VIFHL) 4O (ANIX LT OdX "ANV' Tid "1D" V.LIAHL)) I
(1 - AVIN)HA = IA dOL LNO AVYd D INIOdANT ANOATE ONISSVYd AV 404 MDFHD D
NAHL (1d "LY" V.LAHL 4O  0°0 LT VLAHL) 41 NAHL ((1d LD | d1aGN3
41 ANA VIAHL MO 0°0 LT VLIHL) ANV | "0F AVIN) A19ST9 051 OL 0D
0£1 0L 0D SLNIOd NOIL4FD¥aLNI D ANNILLNOD 001
T-AVIN = AVIN (Id "L VLAHL ¥O 00 LT V.LAHL) 41 MAN ALVINDTVD % WOLLOE YO dOL LNO AVY ¥Od YDFHD D (IN)LSIA + LOLA = 101a
1+ AVIN = AVIN 41 ANH (IN)ANWLL + 0NV.L =0NV.L
NAH.L (Z1ds¢ "0 V.LAHL O Tid "0F (V1aHL)SaV) dI ov1 OL 0D XVIVIN ‘I =7IN 00! Od
(AVIN)AA = 00A (gV.1AHL + LVIGHL) + S = OVLAHL 00=101a
(AVIN)HA =0A J1ANT 00=0NV.L
SAVY TVOLLIMD¥EdNS D INIZ = 4LNIZ ANNOA AVY D
HOA MOFHD ANV MV OVI4HL = 9VIdHL NAHL (DDV 37T 44 dl
STTANS AT1ddV OS ARID NI TILLS ANV ANNOA LON AVY D NAHL 1 (T++(ANAZ - OdZ) + T++(ANTX - OdX))LUOS = ¥¥d
41aN3 (ANFZ 'LD' LNIZ ‘ANV’ 41NIZ LT LNI1Z) 4138719 SNIAYY TUNLIVD NIHLIM AV 304 ¥DTHD LSAld D
ov1 OL 0D LNIZ = LLNIZ 41aN3
(dV1AHL + LVYLAHL) » § = OV.LAHL OVLAHL = LV.LAHL 0dX = (1 + AVIN)SLNIX
41aN4 NAHL [ 3874
LNIZ = 4LNIZ (AN3Z LT INIZ 'ANV' LLNIZ "1LD" LNIZ) Al 0dX = (AVIN)SLNIX
OVLIAHL = gV.LAHL (ANNO4 LON AVY) AVY LXIAN D NAHL (1d "LO° VLIHL *¥0 00 17 VLIHL) I
NIHL 1 48713 Xd + 0dX = 0dX
(@NFZ LD LNIZ 'ANV' 4LNIZ LT LNIZ) 413574 TANYIN TVEOALNI YO 0VLAHL A40LS OL dFaAN O (AVINIAA / (AVINILSIA = (AVIN)AWLL
1NIZ = 1LNIZ 051 0L 0D VLIFHL = (AVIN)LAHL
OVLAHL = LY1IHL WVIDO0Yd NIVIN OL N3N.L3Y OS ANNOd AVY D (T4xZA + T+ XA)LYOS = (AVINILSIA
NAHL (ANFZ LT LNIZ ANV LLNIZ LD LNIZ) 41 ANNILNOD oll 41 N3
A1dN3 (IN)LSIA +.10.d = LOo1d (VIAHLINVL/Zd = XA
(VLIHLINVL+MANXA)SAY + OdZ = LNIZ (INJAWIL + 0NV.L =0NV.L as714
4s14 XVIWVIN ‘I ="INOI1 Od 00=Xd
631 = LNIZ 00=101d NAHL (ZId+€ 0T VLAHL 8O 71d 'OF (VLEHLSEV) dI
NAH.L (Z1d "0 (VLAHLISEV) Al 0=0NV.L 41dN3
0OdX - AN3X = MINXA (AVINAA /(AVIN)LSIA = (AVINJIWLL (1 + AVIN)HLAAA = 0dZ

WO.LLOE LNO AVY O VIAHL = (AVIN)LTHL 0dZ - (I + AVIN)HL49d = Zd




JANILNOD S0l
0=(DSAVYON
ZXTAD0 1=1'S01 Od
id- = aV.LIHL
/Id = HYLIHL
666 = 1A
‘0=dL
‘0= NITd
‘0=dLOL
‘0=L10LL
0= LYLS1
Td=tid
(1-)SODV=Id
FLIAM(0091)SAVUON JAOILNI
(0091)15'(0091)M.L'(9)SAY00D TvHY
>
ajy indut ue si | SAWILLX d
(Aes 10) 918ue Jjo-oxerindino -INIV D
12 a3ue indino -z LAOV D
1e 9j8ue ndine -1 10OV D
sKes Jo 1aquinu penoe Indino -AYLID
4o4eds Yord 1o sAed ewy xew indul -AYIN D
swutod 129A19221 0) Korindoe paninbas indur  -DDV D
wawaout d3ue yosess Aes indul -4 ESY D
are Kes mopjeys Jog 38ue indur  -qsy D
doueisip Z xew indul -XyYIWZ D
pasn jou- aoueisip X xew indur -XVINX D
UONDAP [BDIUDA Ul S[[02 jJo oundul -ZTTADE D
UONANP [BIMOZIOY Ui §1129 Jo ou ndur - XTI 2
WO [9pow Mo aKej B Suipnjoul sgjod jo ou ndui -ZX 1901 D
1quinu vonesat ndur - IN D
s|122 jo ou indut -§ 119401 2
A uoisuatuip 193 indur -Zx0d D
X uoisuawp 192 indut -xx0d D
(Kewe) 1195 yora ySnoyr Suissed sAed Jo ou Indino -SAVION D
Ket sy 1og awn jaavay pionindino -1OLLD
Ked jo yidual proyindino -¥1OL D
(Kewre) (Sowo) 103 23U £[u0) 1130 yoea ui Let Jo P3uag indine 3L D
(Avwe) ssaumo[s [j221ndur S0
pasn jou - sawn indut -SFWIL 2
Ke1 Jo pua + yels jo spiood indut -Sayo0d 2
(LALSENAYMITLNOV ELNOV ¢
‘AULIAYLIN' DOV dALSV'ASY 'XVIWZ'XVINX'ZTTION T
XTTADIZXTAD! "LINI'STTIIOIZX0a X X0 SAVION |
"LOLL™MLOL LIS SAY00D) L LAVYH ANLLNOAENS
19a000ul 3q Aew uondudsap o
A0GE Y 2I0JAUDY) ‘SPOYIdW YoIeds o) apew suondepe gN D
£6A470/60 T1 HUn 01 A ied yim Inq J g [1Ke) se owes D)

(Kewe)

awn 2u0 1. Jred 1wiod-a8ein pue J9A1224/2IN0S U0 Yitm S[eap Alu) D

26/16 WEOaMOY 12134 £q Jukuaq yum asn aoy padepy D

)
'$AR1 10| Y1 JO 9506-08 BIIXD UR spuy A|(eaaudd 2
siyirpoylow yoreas dais apdunis e sasn( | 01195 mou b)
S11SO|)ARA B SISO POYIAW 1SI1) 341 UdYm pasn Ajuo s 5
YOIYm POYIALL PUOIIS IYI'ISV| 2B SABT JO 950¢-C K|{esouad b)
pue sdoo| ur ySned 128 ues Inq 3j3ue pannbas oy uo b)
(11 01-6) 158} K194 $3319AU0D S1YI"a)8uUR MOU Y JO bJ
uonended 0 3[Jue |euly pue duelsip snoladsd sy 5
Suisn anbiuyda danRION UB SI'() SB 135 S1150] Seyy 2

g Yorym Jog poyiatu [eurduio ayr-ajdue Jjo axe dy) p)
Sunepdn 10§ Yoreas K& Jo SPOYIW M} B AUIY) bJ
33ue Jj0 axer oY1 srepdn(p bJ

‘paimded J1 pue Spud K2J 3y 2594ym YooYy b)

X0q © JO 9pIs 5

1eotaA Ay y3nosyy Sutjjaarn sAet 105 2unNnos(d b

X0q Jo Iseq >

[ewozuoy oYy ySnosyy Surpjaaen skel 10§ aunnos(q 3
paunbas SuroenAes 32419 Jo d1e 1 Yoayd(e f)

JQUIJ YSOW [BIILIIA B UO 32IN0OS dMUBUAP JI{AIZ b)

Xoq B Jo opIs >

1221124 Ay y3noy) Surfaaen sARS 10§ JUNNOK(D )

x0q Jo aseq 2

[eluozuoy ayy ydnotys Jurjaaen skel 10) sunnoy(q b)
pasinbas SutoenAes 3]0 Jo 24 J1 yoayd(e b)

21WIOD JO dUT| YS3W [BIUOZLIOY U0 3DINOS dIUBUAP JI(INNg )
*a13 awyied jo aepdn adwns  [rivozuoy are sed ji(ng b
*1- pag3ey st usy spsemdn 3

Sutjjaaen sAel 10§ pue |+ se pagdey si usi spremumop b
Fuijaaed) sket oy uawarnul d3ue 1xau Ay |[im )t )

1J31 03 Ju103 Ked J1sAed JO UONdAIP Joj YOIYX(1Z 2
Buimo]]0g ay1 03Ul papIAIP st doo] Wew puodds sty 3

*$1199 19410 [[e 20) doo| Surdenfes urew gz 002
suonisod pug 19exa uo 3q b
10U ABLU 389Y} SB*S[|3D 22INOS W) SABL Jo Burdeniel(| b]

1SUONI3S Jofew 0m] OJUI POPIAIP ST 2UNNOIGNS aY) D

(1190 [ 1SB|'Z IS| U1 131BM) 135 BIEP YuB]l 01 D)

apqeotdde Kjuo Suoenies siy) aunnoigns JuidenAes puodds ayy mou D)
ONIDVILAVY T1dX08d 2

: 9]

ang
NINLIA
DOUd NIVW OL HOVE OD D
ANIOd ANODAS LV AVY 40 ITONY SANIGd O
VIGHL ="TVLIHL
ANNILNGOD 051

(424

ANNLLNOD 0¥
ADUYNOS SIHLOL AV LXAND
41 aNd
06 OL 0D
ANNLLNOD
TVLAHL = V.LAHL
41 ANF
2Id - TY.LAHL = TVLAHL
Ey el
IVIAHL - Tld = TV.LIHL
NAHL (00 LD VIFHL) 41 35813
TV.LAHL + 71d = TV.LAHL
NAHL (Z/1d LD VLIH.L) 41 3S13
TVLAHL - TId + £ = TYLAHL
NAHL (Id "LO" VLAHL) A1
TVIILLYFA OL ATONY MON SI ZV.LAHLD
((ZLSODINISY)SHV = TV.LAHL
41 AN
ov1 OL 09D
VLIAHL 1A "0A "AVIN '0AVTIN (+'9) HLIAM
NAHL (01 LD (ZLS0D)SdV) 4l
OA /{VL3IHL)SOD + IA = TLS0D
(AVINIAA = [A
(OAVINIAA =0A
T-AVIN=AVIN(4 LD VLIAHL YO 00 LT VLIHL) I
1+ AVIN = AVIN
AVIN =0AV'IN ozt
MVTSTIANS A1ddV D
as14
AVYE LXAN AYL ANV LNO dWNT OS TVIILLIYDYAdNS ST AVYE D
ov1 0L 0D
41 aNg
V.LAHLd - OVLAHL = OV.LIHL
NAHL (ZId - LD V1AHL) 413513
VLAHLA + OVLAHL = OV.LAHL
NAHL (00 " LY VIAH.L) A1 4S9
(LVLAHL + 9VI3HL) +« § = OV.LIHL
J1aNd
0OdZ = 4LNIZ
OV.I3HL = 9v.L1dHL
NAHL (ANTZ LD 0dZ) Al
J1dNg
0OdZ = LLNIZ
OVLIAHL = LV.13HL
NAH.L (AN3Z LT 0dZ) 41
NAHL (ZId LD’ VLAHL) 41 35713
(AVIAHL + LV.LIHL) + § = OVILAHL
41 aNd

orl




s no Kes d
0s1 O.LOD
(INIV)SOD+4.LOL+0d X=0dX
JIANA
ZX09+(ZDLVO1d=0dZ
4514
ZX044(1-ZDLVO1d=0dZ
NAHL (103 LIXa dI 1¢l
uonisod Z mau >
4IANA
INIV = NIV
ERNgE!
(INIV'0" DNDIS*(TTA/LINIVISODITFA)SODV=NIV
NAHL (0'03" LALSDAI
Kea wySieals 4o Ked )oraJal O
41ANA
4I1ANA
JIANT
1t1 OLOD
INIV = NIV
ERgE!
0081 OL 0D
NAHL (ANIX LT (INIVISOD«4LOL+OdX)) di

NAHL (0°0F LULSI'ANVY (L14D)SaV I TUNIV)SE V)l

(ITAA/TA)SODV=LI4D
NIHL (FTFALTTAMI
Kea [e201D J0J 1591 01 ooy J1 2
(TTION)ISA" 1=1T3A
(1TFODTS/O' 1=1A
J1aN3
0z1 OLOD
0'0=INIV
NAHL (1" LT 113DN)4L
fapow jo dopinQ o
XH+XTTH014(1-ZD=TT9DON
LIX3I+Zi=Z1
dorno 10§ =71 auonoq o oy [+Z] -(TTION) 1199 1xou 2
(TTADIDIS+ALOL=LOLL
((INIVINIS/(Z/1+LIXADZX0E-ZA))SIV=4LOL 0t}
(1+=L1XH1) wonoq 1o ([-=£1x31) dorino Kes d
ocl'ovioct (LIXandl
[-=LIXA (VHATVY-"LTINIV)L
dorno Kes d
0=LIX4l (VLG ATINIV)AI
wooq no et d
1=11Xd1
(XAAZQ-ZXOINV.LY=V L1384
(XA/ZAINVLV=VHd1VY

LoV

{=M (00’ LTINIV)4I

0~

LAVLSX-XX0d+(XLVOLi-XA
ZX0d+((1-ZDLVOd)-LaV.LSZ~Zd
XI+XTT3D1(1-ZD=T113D1

1-Z1=Z1 (5000°0~ ]

"LTINIVANY 1000°0°LTZX0d+(1-Z1LYOTA-0dZ)d1
1+(1000°0+ZX084/0dZ)LNI=Z1

1 +(1000°0+X XOH/0d X).LNI=XI

LSOT AV + LN

NTHL (00T LSOTANY AULNOT AYLDAI

NOLLVYILI SNOIATY™d FHL NO INIV 40 INTVA

AHL ST AVSNIV iHDYVIS AVY MAN SNVIW | = LSO
STTIONYV 40 ONIATVH NO d3SVE HOYVES AVYH MIN AdL
pOYIdW 181§

132 GNNOA LON AVY d1 NOLLIONOD dN LIS MON
(LL'ZXT130D0YIZ T1VD

I+ZAYLI=ZAYLIO OT LSO

o

QoL

LYVLSZ=0dZ INIV=NIV
LAVLSX=0dX 1+AYLI=AYLL
41aN3 ANNILNOD 0Tl
P +ZId-=INIV(ZId-TTINIV)AI 0'0=T1ONV
$'-2d=INIV(ZId 3D INIV)I 0'0=11Hd
FALUSEY ) AU mu:: umn!: U:u __v: Ayl ARYM J 00=1a
(S =AVHL P OIT, =INIV, | 0=CZAYLI
X 141408V - FAVYL 40 LNO DNLLOOHS X [NLVIWI0d LTI 0=AY.LI
NAHL ZId a0 UNIV)Sav)dl 41aNdg
S00°0=INIV (000 LYVLSZ ANV OO LTINIV)Al 2 t =LdN
o) (H'8ATPDLYIWHOL 991
JIaNA 0OdZ' 0dX' LAN(991'Z LM (1'OT'NAIM DAL
$$ OLOD NAHL (1 "0F" AL1dM)4L
AIANT LYV.LSZ = OdZ
IV=INIV LAVLISX = OdX S$
0=dLldm ADYNOS ONIANTONI TTID 404 ATLSHIA D
| = LYLSI o)
HLVdAVY SIHL 404 AV LHOIVILS VEASN D 0=DV"1dN
NAH.L (¢ 03’ HOLD413s 13 0=1S01
(1VVE'0O 1NDISyEe0 - 1VVE = INIV (HOYVAS MAN YO | HOUVIS D140 d04 0= OV1d LSO D
0 =L14LSI INIV = 2V
NAHL (UOTHOLDAI 0=HOLI
1 + HOLI = HOL1 (9)SAYO0I=ANAZ
0=1S01 (F)SAYO0I=ANIX
0=1dN (£)SAYO0D=LAYV.LSZ
(AL'ZXTHOD0AIZ TIVD (1SAY00I=LYVLSX
0'0=410L 0=3LRMm
00=10LL J1AaN3
NAHL(1'OF' LSOTANY AYLN OAZAYLDAL ( (PISAY00D-(1)SAA00D) |
POYIdW pUOS D 1 ((9)SAYO0D-(£)SAYO0D) INVLY=INIV
122 ANNO4 LON TTILS AV A1 NOLLIONOD dN L3S MON D £
J1aNT 00 = INIV
666- = 1d NIHL (0°0'03 ((9)SAYO0D-(£)SAYO0D) ) Al
| = ZAYLI HLVdAYY ¥dd “ dOOT NIVIN MON D
"TAd = AVSNIV £L6600°0 = 14ALSY
i=LSOT HO¥VAS JALLVYALI 404 SWVYVd 14S O
TV = INIY SATAVIIVA ANV AZIVILINIANY SOVTA dN L3S D
0'0=4.L0L agsn 99 T1im AOHLIW HOYVAS HOIHM ONINIWYALAA O
0'0=10LlL ANV ST FDUNOS Y04 dOOT HOAVAS 04 MON D




.............. X04 40 4dIS "LIdIA HONOYH.L AVYH *D

(((ZX0™xZX08) - (NI TI«NITH)LYOS) + OdX = 0dX

NIHL (ANIX LT(XX08«(XDLVOTA) 1

VVV =NIV
NEHL (0°03"LYLSD At TA = TdA
41d-=1d 38714
NIHL (LI4D)SEVAD(VVVISEV)] 0081 OLOO
(I'TIAMTAINISY=L14D NIHL (@NIX'L7 |

NAHL (IMFA ' LTIAMI

(((ZX0F+ZX0E)-(NT T4 NI TA).LUOS+Od X)) 1
Ke1 |BoNud Joj 1531 0y dooy J1 D

NIHL (0'0°'LD'NSI+d1Q)d]

J1aN3 (NIVINV.L«(OdX-ANTX)+ANIZ-0OdZ=41d

(XX TTED(1-ZDS/O | = TTIA TA=ITHA
48714 NIHL( LT NSIHZI O 1+Z 11301 LY NSI+ZD o1
TA=I'THA TA/NFTI = AL

NIHLXTTADN LD 1+X DI
TA/NATd = AL
((N1V)SOD/S1IQ)SEV = N T

((NIV)NIS/ZX0d)say = NdT1d
NAHL (ZX04 39" X4) d1
................ X0d 40 3dIS “YOH HONOYHL AVY  »O
1000°0 + X4 = X4 (ZX04 09" X4) 41
4s1d (NSDLVOT « (NIVINV.L  SIA = X4
OdX - XX04 « (XDLVOTd = SId

NSI +ZI = ZI ANITHSTW TVILLYTA NO LNIOd LIXd OL IDYNOS'NAA D
ZX0H x« (O - ZDLVOTd =0dZ (S1 WO IONVLSIA TVILLYIA SI X8 ANITHSIW TYOLLYAA O

JIAONT LXAN OL 324N0S DJINVNAQ WOYA FONVLSIA S SIA D

VVV = NIV 00=-Advyn

4519 JigNE 0

(NSDLYOT4+(TAAV VY VISODITIAISODV=NIV 0081 O.L 0D (01 "OF'MSD 41 >
NAHL (0O .LULSDAI 07Z1 0L 0D (00T MSD) dI >

Kes Wyrens 10 Kes 10021 2 1 SWInsi S| *X0q Ui JudiprId Kidopa ou J1 D

41aNd (VLIN'INIV “¥dV ‘viD ‘ZX0od' XX0d'ZX1do1'X113dI'dL 1 2

JI1AN3 NFTH 1S *ZE X1 NIV ‘NS1*MSI ‘0dZ ‘0dX0T1DUID T1VD 2

JIANT 0= MmSI >

JIAONA i + ANSN = dNSN 5

LS1 OLOD NAHL SV 3T (VVV)SaV) di >

VVV = NIV (ATDUID V 4O DYV NV SV LNAWDAS AV O

o)

EIgE| MANYOD YO ANIT HSTW "dOH NO Y3H.LIA 2D¥NO0S 'NAd
0081 OLOD
NAH.L (@NIX L T{(ZX0od+ZzXo4d) |
-(NF T« NITI)LIOS+Od X)) Al

NAHL ( 1000 JT (OdZ - ZX0d+ + [ - ZDLVO1DSaVY) i
(0ZT1 210539 SPU) 10U 10 dUl| [EIROZLIOY B Jeau sisod wels sof §i 819 0

NIV = ¥VV
NAHL (00T LULSD dI AIANT

did-=1a 0ZZ! OLOD

NAHL (L1aD)sav a1 (vyv)sav)4l 1+XI=X1

(I'MAA/TA)SODV=LI¥D NATI+OdX=0dX

NIHL ITIALTTIAML - 951 TAXX0d=AL
Aed [Bd11LD JOJ 1591 01 QCC_ »no XXOg9=Nd1Td
(XI+ XTTD1+(1-NSI1+ZD)1S/0'1 = [13A NAHLO00 0T INIV)I
41aN3 [2wozuoy 3 SAVY HONOYHL LHOIVYLS 404 ANLLAOY-AI D
6691 010D (NIV)SEYV = INIV
1=OV 1IN (TTADDTS/0' 1=TA
41AN3 AN
4I1aN3 1=
LS1 OLOD 1-=NSI

YoV

NAHL (00" LTNIV)4l
dN ONIOD AVY D
41ANA
6691 O.LOD
(NIVINVL+{OdX-ANAX)+ANIZ-0dZ=41d
NAH.L (ZId 3O (NIV)SE V)l
LINFWFUDINI TTONV LXIN AYL 1437 OL ONIOD AVY D
XI+XT13D0(1-ZD=T113D1
0=
1=NSI SSI
NAMOQ DNITTIAVEL AVY = FA+ ) NIV A0 NDIS = NSI D
aunpud e uo ysiuly pue Leis skel 3
FOUNOS ONIANTOXA ST13D 'd'1 - JOOT NIVIN 304 MON O
0ZZ1 OLOD (ANIXFD'0dX) 4l
NOILLISOd X 1SVd AQVALTY AVY 41 33S O.L ¥D3HD D
NOILLVTNDTVO T1dD 404N0S 40 ANd D
A1ANT
0zl OLOD
dALSV+INIV=INIV
NAHL (037117132041
TTAON=T11301
YLOL=(TTHODAL 0S1
(INIVINIS+4.LOL+OdZ=0dZ
XX08x(1-XDLYO1d=0dX I¥1
41ANA
INIV = NIV
4813
CTA/AINIVINIS«ITIAINISV=NIV
NAHL (0" 0T LYLSDHI
Ked yydreas 10 Kes 108121 0
41ANT
A1ANT
AIANA
1¥1 OL 0D
INIV = NIV
4814
0081 0L 0D
NFHL (ANIX LT(XX0d«(1-XDLVO 1)) 4l
NAHL (00T LALSIANVY (LI4D)SEAV ID (INIV)SEV)4}
(TIA/TAINISY=L14D
NAHL (13A LT 1A)AL
Kea [eonud 10y sy 01 doog J1 o
(TTADN)TS/O [=ITTIA
1TTADODIS/O'1=TTA
X1+ XT1E01(1-ZD=TTdDN
1+X1=XI
(TTIODTS«ALOL=LOLL
((INIV)SOD/XA)SEV=4LOL 07l




1d i se x owes o) watas isey 2ends os uiod ofewt sed s1 et 3

AIAONT
AIAN3
SS1LOLOD
AIANI
I+ 1dN = LdN

(P'8AT'YDLYINYOL 98I
OdZ'Od X' LANOS1ZDALIEAM (10T’ NAYMDAL
NIHLOF A LIEM)L
Ked 1xou Joj g¢ | 01 ¥oeq 08 0s Judwdas 1se| lou 2
458713
0081 OLOD
(NIVINVLA{OdX-ANIX)+ANTZ-0dZ=d1a
WO.LLOH \OYH.L dT1AId ALIDOTIA ONIAVATAVH O
NIHL (ZX0d+XVIWZ 9D 0dZ) 414513
0081 OLOD
(NIVINV.L«{OdX-ANIX)+ANIFZ-0dZ=41a
NAHL (1= D3 NSI'ANV0'0'ATOdZ)I

FDVAINS HONOUHL ONILLIXH AVYE O

NATA=(TTIDDNL
NATA+HLOL=dLOL
dL+LOLL=LOLL
uomsod 1341201 sE ulNjod awes SuuAud U Aet )
NIH.L (GNFX LT OdX)41 02Tl
SANA AVYH FHIHM JNDFHD «D
ko 9}
10U 10 3u1] {RIH0ZUOY uo Suruels Aes 1oy doog ay) Jo pus D

JIANA
au1] waA uo Sunaers Aes Joj doog Yy jo pua D
41aNd
(Xg)SgV + OdX = 0dX
NSI1+Z1=7}
ZX0d + (M - ZDLVO1d =0dZ  1iTl
41ANd
VVV = NIV
48713
(NSDLVO T4+ (TAAV Y VISOD+ITAA)SODV=NIV
NIHL (0T LALSDAI
Aet wySens 1o Ae 1oesjat >
JIAN3
AIANA
41ANd3
J1ANG
1121 OLOD
VVV =NIV
ENE
0081 OLOD
NIHL (ANTX LTUXESav+Od X)) 41

NAHL (0°OF".LYULSD I
41a-=1d
NIHL ((LIAD)SaV-dT(VVVISav)dl
(ITAAMA)SODV=L114D
NAHL (1TIALTIA)MD - 01T
Ael _mu:tu 10} 1S3 01 QCC_.: J
(X1+XT1ED1(1-NSI+ZD)1S/0' | = 1'T3A
4IAN3A
6691 OLOD
=0V 1AM
JIaNd
J1ANdI
0121 OLOD
A = ITHA
4s73
0081 OLOD
NAHL (ANAX LTUXa)Sav+0dX)) I
NAHL (0°0°LO'NSId1Q):AI
(NIVINV.L+(OdX-ANAX)+ANTZ-0dZ=41a
TA=ITIA
NIHL(LTNSHZIYO Z 1101 LY NSI+ZDA]
TA/NATE = AL
((NIVINIS/dIq)say = NITd
........ X0€ 40 9AIS "YOH HONOYHL AVY  +D
as1d
(INSDLVOTA({X X084 X X0d) |
- (NTTE+NITA)LYOS)) + OdZ = OdZ
1+ XI=XI
XXOf + (XDLVOT4d =0dX 60T
AIAONA
INIV = NIV
4519
(IAAYVVINIS4ITIAINISY=NIV
NAHL (00T LYLSDdI
AIAONA
J1an3
41aN3
J1aN3
6021 OLOD
VVV = NIV
EgE
0081 OLOD
NAHL (@NIX LT(XX0g4(XDLVOT4)) 41
NAH.L (003" LYLSD A1
41a-=1d
NAHL ((L1I¥D)SAVAD(VYVV)SEV)I
(FTAA/IAINISY=LI4D
NIHL (ITIA L TIA)IL

(I"LIN'INIV "ddV ‘dV3D ‘ZX08'X X0 ZX1aDI'X 11401 ‘Al |

SOV

Kea jeonud aog isa a1 dooy g1 o
J1AN3
(I+XHXTIAD1(1-ZD)1S/0 1 = ITIA
as14
AA=IT3A
NAHL(XTTID LD 1+X DA
TJA/NITd =dL
((NIV)SOD/XX09)SEV = NITH
......... X04 40 AAIS "LYFA HONOYHL AVYE O
NIHL (XX0g 40 (X9)sdV) dl
(1000°0 + X4)SAY = X9 (XX04 0" (X8)SaV) dI
(NIVINVL/d4d = X4
d3d - ZX04 = d3a (0’0 "LT NIV) 41
0OdZ - ZX04 + (ZDLvO1d = d3d
ANITHSIW HOH LXAN OL AVY A d4T13AVIL 2
YONV.LSIA TV.LNOZIYOH S1 X4 "ANITHSAW TVLNOZIMOH 2
LXAN WOYA SIIDUNO0S AVY LVHL H1d3d S1d3d D
00=Aavid
A1aNd
0081 OL 0D (01 "0 MS1) I
07z OL 0D (00T mSD dI
| swimas S| X0q un uatpesd 110194 ou 1

NATY IS 'ZI X1 NIV NSI'MS1 '0dZ *0dX)d10dID 1TV
0= MSI
I + gNSN = GNSN
NAH.L(@SV ‘3T (vvVv)sav)dl
LHTOYID V 40 DYV NV SV LNIWDIS AVY
ANITHSAW TVIILYFA NO 3DUNOS 'NAQ  #+D
ENgE!
aui ztoy uo Juiess Kt aog doof jo puda D
AIAN3
(INSDLYO 1A+ X8) + OdZ = OdZ
1+ XI=XI
XX04d + (XDLVOTd = QdX 80T
41aN3
INIV = NIV
ERgE!
(TAAVVVYINISIFAINISY=NIV
NAHL (003" LALS DAL
AIaN3
A1ANA
AIAGN3
A1ANd
8071 OLOD
VVY = NIV
4813
0081 OLOD

QouovooouvlDououo




99V

INIV =~ §VLIHL
45714
INIV = HV.LAHL
NAHLO'0' LD AIA)d]
£6/70/07 AOHLIW HOYVIS MIN S AAL3d o)
gk
0zl OLOD
ATONV=11Hd
41a=1d
EHaNE
IdALSYV+ATONV=INIV (FIONV OF INIV)4L
(HHd-INIV)+ (1 a-41Q)/H1Q)-INTY =INIY
as14
(AIA'0 DNDIS# Id3LSV-INIV =INIV
NIHL ({(1a°0 DNDIS DA (41a°0' 1)NDIS)A1FS1H
1dALSVHITONY=INIV (TONV O INIVILI
NAHL (1a-0q 41a)4198713
(41a°0 DNDIS* IdALSV-INIV =INIV
NAHL (0003 1Al
0 = LSOT NIHM ™ HOUVAS FALLVEALI TVNIDINO o
NAHL (1'3N" LS04I

aNdg INIV=3TDONV
NANLAY ATONYV o440 AMV.L, HL ALYAN OL HOYVAS AVY 3HL 04 O
J1aNg NIHL(DDV)SaY LD (41Q)SE V)l 0081
(7’842 vDLVINEOA £00T JouasayjIp Z ap saunsedw Ajuo 41 ydnoyr se syoopn 3
WNAZ WNAX' LAN(£00T Z DAL (1'OT NAYMDAI (DoV)SaV > (41A)sgV It 2
666 = WNAZ "ANNO4 NIdd SYH AVY 41 XDIHD MON D
666 = WNAX JIANT
FNNLLNOD 5002 al+LOLL=LOLL
1HDSAVION=(DSAVION (00 IN (DML NI TI+ULOL=Y.LOL
ZXTADI' [=1'S00T Od JANITI=AL
41aNT NI TI=(TT132DAL
$§ 0L 0D ((NIVINISAOdZ-ONAZ)SAV=NITd
[ =dLIdM NIFHLUITZIANY 103 DV 1INl 6691
NAHLO O ALIAM)I SIHL MDTHD X0 J0 apIS [RIH0ZHOY Jo Ino At - [ = DY IIA D
NIV=ZLNOY J1aNg
INIV=1LAOV [+ 1dN = 1dN
0=1S0O1 OdZ'ANTX LANOS1'ZDALRM (17O NAYM D]
OVTd LSOT LIS iiiidNNOd AV D NAHL("OFALIdM)I
EOgE! ANdZ-0dZ=d1a
4IANT OdZHNIVINVL+(OdX-ANTX)=0dZ
0Z1 OLOD NFTY=(TT13DIL
| =dL1Mm > AL+LOLL=10LL
IVVV = INIV NITI+ILOL=YLOL
INIV = AVSNIV TANITI=AL
A1a=1d (INIV)SOD/MOdX-ANTX)SaV=NITd
(QVIAHL+HYLAHL) = IVVY (NIVINIS+NITH-0dZ=0dZ

JiANd (NIV)SOD+NITY-OdX=0d X




